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Chreng 1

PHUONG XS IAT MOT
AN

MO DAU VE PHUGNG TRINH. PHUGNG TRINH

Bai ‘ BAC NHAT MOT AN
_—

Q TOM TAT Li THUYET

1. PHUONG TRINH MOT AN
® Phuong trinh an x c6 dang A(zr) = B(x) (1), trong d6 vé trai A(z) va vé phai B(z) 1 hai

bieu thic clia cling mot bién .
[ N\,

$>Vidu 1. Vi dy vé phuong trinh mot an

e 3(z — 1) + 5 = 27 la phuong trinh an x.

2 2
° _§t — 3 =3(3 —t) 1a phuong trinh an ¢.

N\ e

@ Néu véi x = z¢ ta c6 A(xg) = B(zo) thi z = x¢ 12 mot nghiém ctia phuong trinh (1).

® Mot phuong trinh c6 thé c6 mot nghiém, hai nghiém, ba nghiém,. ..

® Phuong trinh khong c¢6 nghiem duge goi 14 phuong trinh vo nghiém.

| — \\

$>Vidu 2. Vi du vé nghiém ctia phuong trinh
— Phuong trinh 22 = 4 ¢6 hai nghiém 1a x = 2, x = —2.

— Phuong trinh 22 = —3 v6 nghiém.

\ e —
[— AN
$>Vidu 3. Xét xem z = 2, = —1 ¢6 la nghiém ctia phuong trinh 22 — 2z = 0 khong? Vi

sao?
\ e
&, Lo gidi.

V6i 2 = 2 thay vao vé trai ctia phuong trinh ta duge VI' =22 —-2.2 =0t d6 VI = VP.
V6i z = —1 thay vao vé trai ctia phuong trinh ta duge VT = (—=1)> — 2. (—1) = 3 tit do
VT #VP.

Vay x = 2 la nghiém ctia phuong trinh, x = —1 khong 1a nghiém ctia phuong trinh. U
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2. Giai phuong trinh

©@ Giai phuong trinh 13 tim tat cd cdc nghiém ctia phuong trinh do.

©@ Tap hgp tat cd cac nghiem ctia phuong trinh duge goi 1a tap nghiém ctia phuong trinh, ki hieu
la S.

$>Vidu 4. Tap nghiém clia phuong trinh 2% = 4 13 S = {-2;2}.
Tap nghiém ctia phuong trinh 2? = -3 14 S = @.

3. Phuong trinh twong duong

® Hai phuong trinh tuong duong 1a hai phuong trinh ¢6 cing mot tap nghiém.

©@ Dé chi hai phuong trinh tuong duong ta dimng ki hieu “<”.

&> Vidu 5. Phuong trinh 22 — 2 = 0 va phuong trinh z = 1 14 hai phuong trinh tuong
duong. Ki hieu 2z —2 =02 =1.
Hai phuong trinh 22 = 2 vi = 1 ¢6 tuong duong khong? Vi sao?

&, Loi gidi.

Hai phuong trinh trén khong tuong duong do phuong trinh 22 = z ¢6 hai nghiém 1a 2 = 0 va
=1 [

4. Pinh nghia phuong trinh bac nhat méot an

Phuong trinh bac nhat mot an 1a phuong trinh ¢6 dang ax + b = 0, trong d6 a va b 1a hai s6 da cho
va a # 0.

$> Vidu 6. Phuong trinh nao sau day la phuong trinh bac nhat mot an?
a) 2z + 3 =0. b) 0z + 2 = 0. c) =3z =0. d) 3—5x=0.

&, Loi gidi.

Cac phuong trinh 2x +3 =0, —3x = 0, 3 — 5z = 0 14 phuong trinh bac nhat do c6 hé s6 a # 0.
Phuong trinh Ox + 2 = 0 khong 14 phuong trinh bac nhat do c6 hé s6 a = 0.

[

5. Hai quy tic bién déi phuong trinh

@ Quy téc chuyén vé: Trong mot phuong trinh, ta c6 thé chuyén mot hang ti tit vé nay sang vé
kia va doi dau hang tit do.

‘ OViduZ 30 +2=4c3z=4—2

@ Quy tac nhan mot s6: Trong mot phuong trinh, ta c6 thé nhan (hodc chia) ci hai vé véi cling
mot s6 khéc 0.

‘ > Vidy 8. —53;:32@1-:?—25.

B1. MS PAU VE PHUONG TRINH. PHUONG TRINH BAC NHAT MOT AN [ IEEI

B
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6. Cach giai phuong trinh bac nhat mét an

b
ax+b:0(a7é0)<:>ax=—b<:>x:—5.

—b
Vay tap nghiém ctia phuong trinh S = {—} .

a
Q BAI TAP

> Bai 1. Giai cac phuong trinh sau

a) 12 — 6z = 0. b) 2+ + 120 = 0.
c) x—5=3—uz. d)7-3z=9 -z

2
e) ?5x+1—§x—10 f) 2(x+1)=3+2z.

[— N\,

¢ Bai 2. Tim m sao cho phuong trinh
a) 2r —3m =z + 9 nhan x = —5 la nghiém.

b) 4x + m? = 22 nhan = = 5 14 nghiém.

)
)

¢) 2z +1) (92 + 2m) — 5(z + 2) = 40 nhan z = 2 lam nghiém.
)

d) 2(2z+ 1) + 18 = 3(z + 2)(2z +m) nhan = = 1 lam nghiém.

Bai e PHUONG TRINH DUGC DUA VE DANG AX + B — 0
@ v . ]

Q TOM TAT L THUYET

® Khi gidi mot phuong trinh, ngusi ta thuong tim cach bién doi dé dua phuong trinh d6 vé dang
da biét cach giai (don gidn nhat 1a dang ax + b = 0 hay axz = —b). Viec bé dau ngodic hay quy
dong mau chi 1d nhiing cach thuong dung nhim muc dich d6. Trong mot vai truong hop, ta
con c6 nhiing cach bién ddi khac don gian hon.

’ _2 ]. _2
$OVidu 1. Giai phuong trinh a:2 _{_a:—g _3 5 =3

&, L&i gidi.

B2, PHUONG TRINH BUQC DUA VE DANG AX + B =0
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Ta co
x—2+:c—|—1 3—23:_3
2 3 6
o 3(r—2)+2x+1)—(3—-2r) 18
6 6
& 3r—642r+2—-3+2x =18
& Tr—T7=18
& T =25
N 25
r=—.
7
25
Vay tap nghiém ctia phuong trinh 1a S = - O

® Qua trinh giai c6 thé dan dén trudong hop dac biet 1a he s6 ctia an bang 0. Khi dé, phuong
trinh c6 thé vo nghiem hodic nghiem ding véi moi .

$>Vidu 2. Giai phuong trinh

a) 2z +3 =2z — 1. b) 2z +3 =2z + 3.

& L&i gidi.

a) Taco2r+3=2r—12r—-2r=—-1—-3< 0z =—4 (vo ly).
Vay tap nghiém ctia phuong trinh 1a S = @.

b) Tacé 20 +3=22r+3< 2 — 22 =3 -3 < 0z =0 (ludn dang).
Vay tap nghiém ctua phuong trinh 1a S = R.

O

A C6 thé dang may tinh b6 tui dé kiém tra ddp dn sé ciia mot bai todn gidi phuong trinh.

Q BAI TAP

$>Bdi 1. Giai cac phuong trinh sau

a) 1,2— (z—0,8) = —2(0,9 + z).

b) 3,6 — 0,5(2z + 1) = z — 0,25(2 — 4z).
¢) 2,3z — 20,7 + 2z) = 3,6 — 1,7x.

d) 3(2,2—0,32) = 2,6 + (0,12 — 4).

[ —
¢ Bai 2. Gidi cac phuong trinh sau
or+2 8r—1 4dx+2

3 — 4x(25 — 2z) = 8x? — 300. b — = —b.
a) x( x)=8z"+uz ) 5 3 e
3r+2 3z+1 5 r—3 1 - 22
- =27+ 2. d =6 .
) = 6 Tty ) 75 5

B2. PHUONG TRINH BUGC BUA VE DANG AX + B=0 |
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):1;+4_:c—3_£ f 2(1—3x)_2+3x_7_3(2x+1)
© 6 3 5 10 1
z—1 1-—x 2(z — 1) 4r+1 2 -3
e H——"3-7% ~=
L 3z-2 3—2x+7) . < 3) (13 )
5= 2 2l=5_(= .
i) 5 5 I j) x+5 5 5+x
r+1 2x—-9 €T Tx 20x + 1.5
k — 241, ) & _5(pg—9) =221 00
) 3 t—= =t ) 5 ~8==9) 6
m)3:v—2+x—1_14x—3_2x+1 ) 3(£—3)+4x—10,5_3(x+1)+6
5 9 15 9 4 0 5 '
- |
|
> Bai 3. Gidi cac phuong trinh sau:
2 5(:5—1)—|—2_79:—1_2(2:E-|—1)_5 b 2(3x+1)-|—1_5_2(33:—1)_3x-|-2
6 4 7 ' 4 N 5 10
C)gchle?,(zaanl) B 2$—|—3(x+1)+ ) x +x+1+x+2+x+3_
3 4 N 6 2000 2001 2002 2003
7+ 122
12
e) 59—ZL‘+57—$+55—1’+53—:U+ f) x+1+x+2_w+3+:ﬂ~l—4
41 43 45 47 9 8 7 6
51—1‘__5
49 7
)x+14+x+15+x—|—16+x+17+ h)x—90+x—76+x—58+x—36+
& 786 85 84 83 10 12 14 16
z+116 _ v=15 _ .
4 17 7
— - |
Bai e PHUONG TRINH TICH .
v
Q TOM TAT LY THUYET
A(x) =0
[0 Cach gidi: A(2x)B(z) = 0 <
ach giai: A(z)B(x) [B@):O.
A Ay(r) =0
AQ(Z’)ZO

C6 thé tong qudt len tich nhicu s6 Ai(x)Ay(x)... A (z) =0 &
A, (x) =0.

[0 Dé dua mot phuong trinh vé dang phuong trinh tich, ta can chuyén tat ca cac hang ti sang vé
trai (Itc nay, vé phai bang 0), rit gon va phan tich biéu thitc thu duge ¢ vé trai thanh nhan tit. Sau
do, giai phuong trinh va két luan.

I &3 PHUONG TRINH TICH
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Q

$>Vidu 1. Gii phuong trinh sau
a) (x—1)2x+3)—(x—1)(5—Tz)=0

b) ¥ +22+x+1=0

& Loi gidi.
a) Ta c6
(x —1)(2x+3) — (¢ — 1)(5 — Tx)
S (r—1)9%92x—-2)=0

r—1=0 -
= ~

2
Vay phuong trinh c¢6 tap nghiém la S = {1; §}

b) Ta co

P+ r+1=0
r+1)+(xz+1)=0
S(@+1) (2 +1) =0
xr+1=0
2? +1 =0 (vo nghiém)

Vay phuong trinh c6 tap nghiém la S = {—1}.

e BAI TAP

s o =-—1.

=0

$>Bai 1. Giai cac phuong trinh sau.

a) 2z +1)(3z —2) = (bz — 8)(2x + 1)

b) 422 — 1= (2z +1)(3z — 5)

c) (z+1)2=4(z> -2z +1)

d) 243 + 522 — 3z =0

e) (xt—1)(bBr+3)=Bx—-8)(r—1)
£) 32(25z + 15) — 35(5z +3) = 0

g) (2—3z)(x+11) = (3x — 2)(2 — 5x)
h) (22 41) 4z —3) = (2 + 1) (z — 2)

B3. pHUuoNG TRINHTICH [
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i) 2z -1+ 2—-2)2x—-1)=0

i) (x+2)(3—4z)=2>+4x+4

1)

)

k) (z—12=2(2%-1)
) 2z +2)2—2*—8=0

m) (z—1)(z2+52—-2)—2*+1=0
n) (z—3)% = (2z +7)2

1
) %x—lz?x(i’)x—?)

p) (2?2 —2)(4x —3) = (22 — 2) (x — 12)

)

¢ Badi 2. Gidi cac phuong trinh sau.

a) 22+ 22 4+2+1=0

b) 3 —-322—-3xz4+9=0

¢) 22 —8x24+21lx —18=0

d) z*+22+62—-8=0

)
)
)
)

N\
—

$>Bai 3. Cho phuong trinh 4x% + 4kz + k? — 25 = 0 (4n ).

a) Giai phuong trinh véi k =0
b) Giai phuong trinh véi k = —

¢) Tim tat ca céc gid tri clia k sao cho phuong trinh trén nhan z = —2 lam nghiém.

By3. PHUONG TRINH TICH
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PHUGNG TRINH CHUA AN G MAU. BAI TAP TONG

2 @ g .

N

Q TOM TAT LY THUYET

Céch giai phuong trinh chita an ¢ mau:

O Tim diéu kién xac dinh ctia phuong trinh.

O Quy dong mau hai vé clia phuong trinh roi khit mau.
(] Giai phuong trinh vira nhan dugce.

0 Kiém tra diéu kien va két luan tap nghiem.

Q

\
&> Vidu 1. Gii phuong trinh sau
) r zr+4
r—1 z+1
9z T 2z
b -
) o= T2 GrnE=9
e
& Loi gidi.
a) Ta c6
x T +4 X
o DKXD: z #1vaxz # —1
rx+1)  (z+4)(x—-1)
(x—=1)(z+1) (z+1)(x—1)
szx+1)=(x+4)(z—1)
sSr’+r—12°—3r=—4
& —2r=-4
< =2 (nhan).
Vay phuong trinh ¢6 tap nghiem la S = {2}.
b) Ta c6
x x 2z
= DKXD: —1 va 3
2r-3) "2w+2 (@t+D)@-3) v# -l
z(r+1) z(r — 3) B dx
20 —3)(x+1) 2@+ 1)(x—3) 2(x+1)(z—3)
sr’tr+ar?—3r—4r=0
& —Tr =0
<o =0 (nhan).
Vay phuong trinh ¢6 tap nghiem la S = {0}.
U

B4. PHUONG TRINH CHUA AN & MAU. BAITAP TONG HoP [N
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Q BAI TAP

$>Bai 1. Giai cac phuong trinh sau.

4 5
_ — 3
a)x—l r—2
1 r—1
b) 3z — =
) v r—2 2—x
2 1 —4
c) — +— =0

22—4 x(zx—-2) z(x+2)

4x 1 1
I
)x2+4x+3 0 x+3 2x+2

) 1 +2x2—5 4

e =

z—1 z3-1 22+r+1
1 1

f)$+5_$2+—2

1 32 2x
r—1 23—-1 22+x+1
12
r+2 8+
1 3 5

k) 27 -3 z(2x—-3) =

j) 1+

x+1_|_a:—1_2(a:2+2)
r—2 x+2  a2—4
1—2 _2x+3

m) x+1+ o+

(x+2)2_1_x2+10
2r — 3 - 2r—3

1-6x 9z+4 z2Bz—-2)+1
0) + =

z—2 T+ 2 2 —4

95 oT I 2
3—z (z+2B3-1z) z+2

2 N 22+3  (2z—-1)(2z+1)
r—1 x2+z+1 3 —1
= (x—1)P%  Tr—1 T
(4z+3)(zx—5) 4z+3 z-5

1)

I =2 PHUONG TRINH CHUA AN & MAU. BAI TAP TONG HOP
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) 13 L1 6
(x—3)2z+7) 22+7 22-9
) 82 _ 2z 1+8
3(1—422) 6x—3 4+8x
3z + 8 ) <3x+8 )
2 1) =(x— 1
u)(x+3)<2_7x—|— (x — 5) 2—7:v+
V) 5—2z (z—1)(z+1) (z+2)(1-3x)
3 3vz—1  9z-3
) 122+1 9z—-5 108z —362° -9
Yo6r—2 3z+1  4(922—1)
) 3 I 2 1
X =
(x—1(x-2) (x=3)(z—=1) (x—2)(z—3)
) x+4 z+1 . 2z+5
J 2—3x+2 22—4x+3 x2—4zx+3
e
—
¢ Bai 2. Tim cac gia tri clia a, sao cho mdi biéu thitc sau c¢é gia tri bing 2.
2) 3a—1 a—3 )10_ 3a—1 _ Ta + 2
3a+1 a+3 3 4a+12 6a+18
e
[—— N\

$> Bai 3. Gidi cac phuong trinh sau.

a) (2 4+z+1)(2? +2+2) =12 e) z(x+1)(x —1)(x +2) = 24.
D) @t et 6@ +ats) =4 f) (x —4)(x —5)(x —6)(z — 7) = 1680.
c) (2?4 5z)% — 2(z% + 5x) —24 = 0.

L d) 2-2%)7+3(2-2%)+2=0. g) (z+1)(z+2)(z +5)(x - 2) = -20.

<> Badi 4. Gidi cac phuong trinh sau.

2+1 x242
a) = —2.
r+1 Tr— 2
b) T +$+1+.T+2_25
x+1 x+4+2 r 6
2z
2 = 8.
C)x+x—1
2 5 2 5
d) — = — .
r—14 x—13 r—9 z-11
) x? o x? 472 — 20 322
e — — =
2242 +2 22 —-2x+2 4+ 4 65

1

1

1

1 1

f !
-y S > e e sy S S EperaeT Sl

B4. PHUONG TRINH CHUA AN & MAU. BAITAP TONG HoP [N
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) 9 . 5 . 2 9
& P iAr+3 P+llz+24  22+18z+80 52
r+4 z-—-4 r+8 x—28

_ 6.
x—1+x+1 x—2+x+2+

h)

Bai e GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
— °

Q TOM TAT LY THUYET

1. Cac budc giai bai toan bang cach 1ap phuong trinh
® Lap phuong trinh
—— Chon an sb va dat diéu kieén thich hop cho &n s6.

—— Biéu dién céc dai luong chua biét theo an va céac dai luong da biét.

— Lap phuong trinh biéu thi mdi quan hé gitta cac dai luong.
® Giai phuong trinh.

@ Kiém tra xem trong cac nghiém ciia phuong trinh, nghiém nao théa man diéu kién ctia an,
nghiém nao khong, roi két luan.

o

$>Vidu 1. Mot xe may khéi hanh tit Tp.HCM di Viing Tau véi van toéc 35 km/h. Sau dé 50
phit, trén ciing tuyén duong d6, mot 6 to cling xuat phat tit Tp.HCM di Viing Tau véi van toc
45 km/h. Biét quang duong tit Tp.HCM - Viing Tau dai 120 km. Héi bao lau ké tit khi xe may
khdéi hanh, hai xe gap nhau?

&, Loi gidi.
Déi 50 phiit = 2 gio.
Goi thoi gian xe may di tir ltac khéi hanh dén lac gip o to 1a z (h, z > 0).
Khi d6 thoi gian 6 to di tit ldc khdi hanh dén lic giap xe may 1a o — 6
Quang duong xe may di la 35z.
Quéang duong 6 to di la 45 - (x — g)
Vi hai xe di cting chiéu ma gip nhau nén quing dudng hai xe di duge sé bang nhau, ta c¢6 phuong

trinh
35x = 45 (x — §)
B 6

& 10x = 37,5 < = = 3,75 (Théa man).
Vay thoi gian xe may di tit Iic khéi hanh dén khi gip xe 6 to 1a 3,75 h= 3 gio 45 pht. 0

I =5 /A BAITOAN BANG CACH LAP PHUONG TRINH
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$>Vidu 2. Mot xi nghiép ki hgp dong dét mot s6 tam tham len trong 20 ngay. Do cai thién ki
thuat, nang suat deét ctia xi nghiem tang 20%. Béi vay, chi trong 18 ngay, khong nhitng xi nghiép
da hoan thanh s6 tham cam dét ma con dét théem duge 24 tam nita. Tinh s6 tam tham len ma
xi nghiép phai dét theo hop dong.

&, Lo gidi.
Goi s6 tam tham len ma xi nghiép phai dét theo hgp dong 1a z (tdm, z € N,z > 0).
Ning suat dét thong thuong 13 ;—0

) . x 6
Na at dét ai tien la (1+0,2) - — = - - —.
ang suat det sau cai tién la (1 +0,2) 50 65 50
S6 tham dét duge trong 18 ngay thuc té la: 5 ;—0 - 18.
Vi trong 18 ngay nay, xi nghiép da hoan thanh hgp dong va thém dugce 24 tam nén ta c6 phuong
trinh

T

-18 = 24
50 8=x+

ot O

< 108z = 100z + 2400 < 8x = 2400 < = = 300 (Thoéa méan).
Vay s6 tam tham len ma xi nghiép phai dét theo hgp dong 13 300 tam. O

G BAI TAP

¢S Bai 13. Thung thit nhat chia 60 goi keo, thung thit hai chiia 80 goi kep. Nguoi ta lay ra tir
thuing thit hai s6 g6i keo nhiéu gap 3 1an sb6 goi kep lay ra tuit thung thit nhat nhat. Hoi c6 bao
nhiéu g6i keo duge 1ay ra ¢ thung thi nhat, biét ring s6 goi keo con lai trong thiing thi nhat
nhiéu gap 2 1an s6 gbi keo con lai trong thiing thit hai?

<o Bai 14. 6ng ctia Binh hon Binh 58 tudi. Néu cong tudi ctia b6 Binh va hai 1an tudi ctia Binh
thi bang tuoi ciia 6ng va tong s6 tudi clia ba ngusi 1a 130. Hay tinh tudi ctia Binh.

|—

¢S Bai 15. Mot 6 to di tir Ha Noi dén Thanh Hoéa véi van toc 40 km/h. Sau 2 h nghi lai & Thanh
Hoa, 6 to lai di tit Thanh Héa vé Ha Noi véi van téc 30 km/h. Tong thoi gian ca di va vé 1a 10
h 45 phit ké ca nghi. Tinh quing duong Ha Noi - Thanh Hoa.

[

¢S Bai 16. Mot 6 to di tu Ha Noi lac 8 gio sang va duy kién dén Hai Phong lac 10 gio 30 phiit.
Nhitng moi gio 6 t6 di cham hon so véi dy kién 12 10 km nén dén 11 gio 20 phut xe mdi t6i Hai
Phong. Tinh quang duong Ha Noi - Hai Phong.

[ —

¢S Bai 17. Hai 6 to ciing khéi hanh tit Lang Son vé Ha Noi, quang duong dai 163 km. Trong 43
km dau, hai xe c6 ciing van toc. Nhung sau dé xe thit nhat ting van toc len gap 1,2 lan van toc
ban dau, trong khi d6 xe thit hai van duy tri van tdc cii. Do d6, xe thit nhat dén Ha Noi sém
hon xe thit hai 40 phat. Tinh van téc ban dau ctia hai xe.

B5. clAlBAITOAN BANG CACH LAP PHUONG TRINH [
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[ —

¢S Bai 18. Mot tau hoa tit Ha Noi di Tp.HCM. 1 gio 48 phit sau, mot tau héa khac khéi hanh
tit Nam Dinh ciing di Tp.HCM véi van téc nhé hon van téc clia tau thit nhat 5 km/h. Hai tau
gap nhau tai mot nha ga sau 4 gi 48 phit ké tit khi tau tht nhat khéi hanh. Tinh van tbc clia
mdi tau, biét ring ga Nam Dinh nam trén duong di tit Ha Noi dén Tp.HCM va cach ga Ha Noi
87 km.

[— N\
¢S Bai 19. Lic 7 gio sang, mot cano xudi dong tit bén A dén bén B cach nhau 36 km, 16i ngay
lap titc tré vé va dén bén A lac 11 gio 30 phat. Tinh van tdc cano khi xuoi dong, biét van toc
dong nudc 1a 6 km/h.

[—
¢S Bai 20. Mot cano xuoi dong tit bén A dén bén B méat 4 gid va nguge dong tit bén B vé bén
A mét 5 gio. Tinh khoang cach giita hai bén A va B, biét van téc dong nuée 1a 2 km/h.

\ e

S Bai 21. Diém kiém tra Toan ctia mot 16p dude cho trong bang dudi day
PDidm (z) | 1]2]3]4] 5] 6]7]8]9]10
Tanso(n) | 0|0 | 2|+ | 10|12 |76 4| 1 | N=x
trong d6 c6 hai 6 con trong (thay bang dau *). Hay dién s6 thich hgp vao 6 trong néu trung binh
cua 16p doé la 6,06.

9 Bai 22. Ba An giii vao quy tiét kiem x nghin dong véi 1di suat 1a a% (a 1d mot s6 cho trude)
va lai thang nay dugce tinh gop vao thang sau.

a) Hay viét bicu thitc bicu thi s tién 14i sau thang thit nhat va téng so tién 1ai c6 duge sau
thang thit hai.

b) Néu lai suat mdi thang 1a 1,2% va sau 2 thang, tong so tién 1ai 1a 48,288 nghin dong, thi
ltic dau ba An da giii bao nhiéu tién tiét kiem?

\ e

4> Bai 23. Biét rang 200g mot dung dich chita 50g mudi. Phai pha thém bao nhiéu gam nuéc dé
dung dich tré thanh mot dung dich chita 20% mubi?

[— N\

S Bai 24. Dé khuyén khich tiét kiem dien, gia dien sinh hoat dugc tinh theo kiéu liy tién, nghia
1a néu ngudi sit dung ding cang nhiéu dién thi gia méi s6 dien (1 kWh) cang tang len theo céc
muc sau:

Miic thit nhat: Tinh cho 100 s6 dién dau tién;

Miic thit hai: Tinh cho s6 dién thit 101 dén 150, méi s6 dat hon 150 dong so véi miic thit nhat;
Miic thit ba: Tinh cho s6 dién tht 151 dén 200, mdi sd dat hon 200 dong so v6i miic thit hai;
V.V...

Ngoai ra, ngudi dung con phai tra them 10% thué gia tri gia ting (VAT).

Théang vita roi, nha Cuong dung hét 165 s6 dién, trad 95700 dong. H6i moi s6 dien & miic thit nhat
gia bao nhiéu?

JIEER =5 /A BAITOAN BANG CACH LAP PHUONG TRINH
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SU DUNG MAY TINH BO TUI PE XAC PINH
Bai e NGHIEM CUA MOT PHUONG TRINH
—

@ TOM TAT LY THUYET

Trong tinh toan, tinh chinh xac ciia két qua la mot trong nhing van dé duge dat len hang dau.
Chung ta c6 thé stt dung méy tinh bo tai nhu 1a mot cong cu hitu hieu dé hd trg tinh toan cling nhu
kiém tra két qua mot cach nhanh chong.

Trong phan nay, ching ta sé xét mot vai vi du minh hoa trong viéc kiém tra nghiém ctia mot phuong
trinh bat ki. Dé don gian, chiing ta chi néu vi du phuong trinh bac nhat va sit dung may tinh CASIO
fx-580VN X dé minh hoa (cac phuong trinh dang khac va cac may tinh loai khac ciing duge thao
tac tuong tu).

1. Kiém tra » = z; ¢6 1a nghiém tia phwong trinh hay khong

‘ $>Vidu 1. Kiém tra = 1 ¢6 1a nghiém ctia phuong trinh 2z + 1 = = khong? \

& L&i gidi.

@ Buéc 1: Chuyén phuong trinh vé dang A(z) = 0 (nghia la 2z +1 — 2 = 0).

® Budc 2: Nhap A(x) vao may: Bam t6 hop phim sau:

(2) (azera ) (J (1) O (aresa) (

May tinh sé hién lén:

2x+1-x

@ Buéc 3: Kiém tra nghiem: Bam t6 hop phim sau:

(carc) (=) (=)

Dong thi 2 trén méay tinh sé hién lén:

2x+1-x

Nhu vay vé trai co gia tri 1a 2 khi thay x = 1 suy ra 2 = 1 khong 14 nghiém ctia phuong trinh.
Tiép tuc bam phim va nhap gid tri 79 (néu c6) dé tiép tuc kiém tra cic nghiem khac. Vi

du: @ @ @ may tinh sé hién lén s6 0 6 dong thit 2. Két luan x = —1 14 mot nghiem

cua phuong trinh.

B6. SUDUNG MAY TiNH BO TUI BE XAC DINH NGHIEM CUA MOT PHUONG TRINH  [ZHI
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Cdc thao tdc trén chinh la cdch tinh gid tri cia biéu thic A(x) tai x = xg.

e TiM MOT HOAC NHIEU NGHIEM CUA PHUGNG TRINH

Trong truong hgp chua biét gidi phuong trinh, ching ta cé thé tim mot hodic nhiéu nghiem ciia
phuong trinh biang may tinh bé tii, tit d6 c¢6 thé dinh huéng tu duy dé tim ra phuong phap giai
phuong trinh.

‘ $>Vidu 2. Gidi phuong trinh 2z + 1 = z. \

&, Loi gidi.

® Buéc 1: Nhap phuong trinh vio may: Bam t6 hgp phim sau:

@) 06 @ om) (@) @@= )

Trén may tinh sé hién lén:

2x+1=x

® Buéc 2: Tim mot nghiém ciia phuong trinh: Bam t6 hgp phim [SHIFT] [CALCJ @, may

tinh sé hién ra mot nghiém cia phuong trinh la z = —1.
2x+1=x
x= 1
L-R= 0

Day 1a phuong trinh bac nhat nén x = —1 1a nghiém duy nhat

2 > 2 9

P rdrt3 i llet2d 221182480 52

$>Vidu 3. Giai phuong trinh

&, Loi gidi.

@ Buéc 1. Sau khi nhap phuong trinh v may tinh do dugec mot nghiém bang cach cho gia tri
dau vao clia x thich hgp, chidng han 1a gan cho = 0 ta tim dugc nghiém z = 3, ching ta can
xac dinh thém nghiém khac bang cach thuc hien buée 2.

2 5

x2+4x+3+x2+11x+24
X:

L-R=

3
0

IEE = SO DuNG MAY TINH BO TUI DE XAC BINH NGHIEM CUA MOT PHUONG TRINH
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® Buéc 2: Bién ddi phuong trinh vé dang:

2 5 2 9
S}
.7:2+4x—|—3+x2+11x+24+x2+18$+80 52

Dé loai truong hop méy tinh tiép tuc do nghiem x = 3, diing cac phim qua trai, qua phai trén
may tinh dé them dau ngoac:

2 5 2 9)
—— ] =0.
(m2+4x+3+x2—|—11x—|—24+x2—|—18x+80 52

St dung phim phan s6 va nhap thém biéu thic dé c6 thé dua phuong trinh vé dang:

2 5 2 9)
(m2—|—4:v—|—3+x2+11x+24+m2—|—18x+80_5_2
r—3

=0.

@ Budc 3. Tiép tuc do nghiém ctia phuong trinh bing chitc nang (SOLVE) [SHIFT] [CALCJ

(tuong tu nhu budc 1, chang han gan gia tri dau vao cho z = —13 ta tim dugc nghiem z = —14).

2 5
x2+4x—|—3+x2+111’+24+"

X= v=3 -14

L-R= 0

Lap lai cac bude nhu trén néu tiép tuc do nghiém ctia phuong trinh:

2 5 2 9)
(x2+4x+3+x2+11x+24+x2+18x+80_5_2

(z — 3)(z + 14) =0

may tinh sé hién lén

Cannot Solve

AC : Cancel
<[> : Goto

titc phuong trinh khong c6 nghiém nao khéac nia.

O
A May tinh chi hé trg tim nghiém cia phuong trinh, va mot s6 két qud sé bi sai s6 néu sé licu
viot qud bo nhd clia mdy tinh. Do vay, can tim hiéu thém nhiéu phuong phdp khdc nhaw khi
gidi phuong trinh, dong thoi tang khd ndang tu duy logic. Nao bo chinh la may tinh tot nhat cia
con nguot!

B a ON TAP CHUONG
¢ o

&7 onTAP cHuonG [
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$>Bai 1. Giai cac phuong trinh sau

T2 — T2 — 2 24 15
a) - = i, b) - =
?—x+1 22—12-2 ?2+2xr—8 2242x-—3
6 8 1 1
o (e d)ma(erd) o
)V arery T @GoDEt )T\ T
22 +2c+1 z2+2xr+2 7 4g 5
e) — + = =-. f) — + = =—1.
?4+2rx4+2 x224+2xr+3 6 x> —8x+7 x2?—10x+7
z—2)2 z+2\° z? —4
20( ) —5( ) 48 = 0.
8) x—1 r+1 + x?—1
- |
[— \\
¢ Bai 2. Gidi cac phuong trinh sau
a) (22 + 4z — 21)* = (z + 3)". b) (x —1)* + (2z + 3)> = 2723 + 8.
¢) 272% = (z — 3)° + (22 + 3)°. d) (z+22%+ (z+3)3+ (z+4)* =2
N\ e
[—

¢S Bai 3. Mot hoc sinh 16p 8 doc hét mot cudn sach yeu thich ctia minh trong 3 ngay. Ngay thi
A . 1 2 o 2 L
nhat, ban hoc sinh nay doc dugc 3 quyen sach va 1 trang. Ngay thit hai, doc dugc 3 quyén sach

va 3 trang. Hoi quyén sach c6 bao nhiéu trang biét réing ngay thit ba ban dé doc chi bing 5 50

trang sach ctia ngay thit nhat (Luu y: Khong tinh nhiing trang sach khong tinh s6 thi ty trang).
\ e
[—

&> Bai 4. Tim s6 trang ciia mot quyen sach biét ring s6 chit s6 dung dé danh s6 thit tu trang
ding bang 2 lan s trang ctia quyén sach do (Luu y: Khong tinh nhitng trang sach khong tinh
s6 thtt tu trang).

[—

¢S Bai 5. Mot phan s6 ¢6 tit nhé hon mau s6 1a 11 don vi. Néu tang tit s6 lén 3 don vi va gidm
2 P < 3 . .

mau soO di 4 don vi thi duge phan so méi bang e Tim phan so ban dau.

— |
|— \\
¢S Bai 6. Mot doi tho moé lap ké hoach khai thac than, theo d6 mdéi ngay phai khai thac duge
50 tan than. Khi thiyc hién, méi ngay doi khai thac duge 57 tan than. Do d6, doi da hoan thanh
ké hoach truéc 1 ngay va con vuot mic 13 tan than. Hbi theo ké hoach, doi phai khai thac bao
nhiéu tan than?

[—
o 0 Q0 P < o < 2 4 [BN N 2 X X [EN Z, NG
$O Bai 7. Hai voi nuée cung chdy vao mot bé can, sau 4§ gis thi be day. M6i gic lugng nuée voi

. 1 . 2 en
1 chay dugc bang 11_1 lugng nuée voi 2 chay. Hoi moi voi chay riéng thi trong bao lau thi be day?

B7. ONTAP CHUONG
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[ N\

<> Bai 8. Gidi cac phuong trinh sau
a) 22(z — 1)+ z(z? — 1) = 2(z + 1)°. b) 2t + 223 — 22 — 2z +1 = 0.

c) 6z + 723 — 3622 — Tx + 6 = 0. d) 2+ 23 + 2+ 1 =422

e) (z—6)" + (z —8)" = 16.

. &7 onTAPcHuone [EIN



Chreng 2

BAT PHUONG TRINH BAGINGT;
MOT AN

LIEN HE GIU THU TU VA PHEP CONG, THU TU VA

. O
C —_— QO

PHEP NHAN
N\

e TOM TAT LY THUYET

1. Bat déng thifc

La he thitc ¢6 dang a < b (hodc a < b, hodc a > b, hodc a > b ) ((a la vé trai va b 1a vé phai clia bat
dang thic).

2. Lién hé giwa thi tu va phép cong

Véi ba sb a, b, ¢, ta co
@a<b=a+c<b+ec
@a>b=a+c>b+c
@a<b=a+c<b+ec

@®a>b=>a+c>b+ec
3. Lién hé giwa thit tw va phép nhan
@ Dinh li 1.1. V6i ba s6 a, b, ¢ ma ¢ > 0, ta cé
@ a<b= ac<bc.
®@ a>b= ac> be.
® a<b= ac< bc.
® a>b= ac> be
©Dinh li 1.2. Vi basbéa, b, c mac <0, ta cé
@ a < b= ac > be.
®@ a> b= ac < be.

® a<b= ac> bc.

® a>b= ac < bc.
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4. Tinh chét bic cau cia thit tu

Véi basba, b, ctaconéua<bvab<cthia<ec.

e BAI TAP

> Bai 1. Chting minh cac bat dang thic sau:

a) a>+ 0> +c*+3>2(a+b+c).

b) z? + 2y? + 22 > 2xy — 2y2.

c) a2+62+02+22a+b+c.

d) 22+ 9?2+ 22+ 14 > 2z — 4y + 62.
e) a®* —4a+5> 0.

£) a+ab+b? > 0.

g) a®> —ab+b* > 0.

h) (a® +0?) (2® + y?) > (ax + by)?.

a+b)2

i) abg(

4

>
~“a-+b

(v6i a; b > 0).

m) a® +0® > a*b + ab?® (v6i a; b > 0).

) a2+62+022(a+b+c)2.
3 3

0) a®>(1+0?) +0*(1+ )+ (1 + a®) > 6abe.

p) a’+ b+ +1>2a(ab® —a+c+1).

)
)
Q) (a2 402+ A) (2% + 4% + 22) > (az + by + c2)°.
r) >+ +F+d>+e2>alb+c+d+e).

)

s) a2+ b% + % > ab + be + ca.

\ e
—

9 Bai 2. Chitng minh cac bat déng thic sau:

1
a)a4—a+§20. b) a* — 2a® + 24> — 2a + 1 > 0.

B Bi1. LIEN HE GIU THU Ty VA PHEP CONG, THU Ty VA PHEP NHAN [ ERI
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c) a' —4a® + 54> —2a+1>0. d) a*+ 2a® 4+ 5a* — 2a + 3 > 0.
2
e) a* —2a® +5a%> +2a +3 > 0. f) az+b2+c22ab—ac+2bc.
- |
[ —
¢S Bai 3. Cho a, b, ¢ 1a do dai ba canh ctia tam gidc. Chiing minh rang:
a) a® +b? + 2 < 2(ab+ bc + ca). b) (a+b—c)(a+c—0b)(b+c—a)<abe.
N\ e
[—
¢S Bai 4. Tim gia tri nhé nhat clia cic biéu thiic sau
a) A=4z?— 4z — 3. b) B=a? -5z +1.
c) C =42 + 5z + 3. d) D=(z+3)*+ (x+5)%
e) E=a22—2x+y*+4y +5. fy F=2*—6z+y?—2y+17.
g) G = (2? —4x) (2® — 4z + 6). h) H= (32 — 1) — 4|3z — 1| 4 5.
i) I =(2*—-3z) (2% — 11z + 28). i) J=(z—-2)(z+1)(x +2)(z+5).
k) K = 2% +y? — xy — 3y + 6. ) L=2x%+5y*+4xy — 62 + 5y — 9.
m)M = z? + xy + y? — 3z — 3y + 2003. n) N =222 + 2xy + y? — 2x + 2y + 2.
0) O = 2? — 4zy + 5y? + 10z — 22y + 28. p) P = 2? — 10xy + 26y* + 142 — 76y + 59.
q) Q = 4x? — dxy + 2y — 20z — 4y + 174.
N\ e
[—
&> Bai 5. Tim gia tri 16n nhat ciia cac biéu thic sau:
a) A=6—12*—06x. b) B=1-—2?+ 3.
c) C=—-2?+x+1. d) D=—2?—4y?> -3z + 5y — 7.
e) E=(2?+x+8)(—x? — x + 20). f) F=—2®—10y* + 6zy + 42 — 3y + 2.
\
A N A A A R
Bai e BAT PHUGNG TRINH BAC NHAT MOT AN
& - - L
v

@ TOM TAT LY THUYET

1. Pinh nghia

Bat phuong trinh bac nhat mot an ¢6 dang ax +b < 0 (az +b <0, ax + b > 0,ax + b > 0), trong
d6 a va b 1a hai s6 da cho va a # 0.

2. Hai quy tic bién ddi bat phueng trinh

a) Quy tic chuyén vé:
Khi chuyén mot hang tit ctia bat phuong trinh tit vé nay sang vé kia ta phai déi dau hang ti

I =2 AT PHUONG TRINH BAC NHAT MOT AN
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do.
b) Quy tic nhan véi mot sb:
Khi nhan hai vé ctia bat phuong trinh véi cting mot s6 khac 0 , ta phai:
@ Gitt nguyeén chiéu bat phuong trinh néu s6 d6 duong.
@ Doi chiéu bat phuong trinh néu sé dé am.
c¢) Giai bat phuong trinh

@ Tap hop tat ca cac nghiem ctia mot bat phuong trinh duge goi la tap nghiém ciia bat
phuong trinh doé.

@ Giai bat phuong trinh 1 tim tap nghiém ctia bat phuong trinh do.

‘:’}BArmm

¢S Bai 1. Giai cac bat phuong trinh sau:
a) 3— 2z > 4. n) 2$;4<3'
b) 3z +4 < 2.
) 3o+ L2,
c) (x—3)* <a?— © 3
d) (z—3)(z+3) < (z+2)+3. D) 6—54x<1
e) (x—1)? <x(r+3
) ( ) g ) ) 1—-22 9 < 1—-5z
f) (-2)(z+2)>2(z—4) Yy 8
_ —1 1
g) 2x+3<6—(3—4x). r)$4 _1>9€—3F 48
h) —2 — 7z > (34 2z) — (5 — 6x).
. J 2—zx - 3—2z
i) ;$<5. 3 5
20+15 _z—-1 =
2 3 t > =,
i) 3< x; ) =9 275 T3
+1 z+4 zx+5
dz -5 _ T—uz ’ > 3.
k) ——>— Y5 T o6 T o5 =
r+3 4d—z 52 —3x 3x+1 x(2x+1) 3
< - —.
hi—r—=——= V)t 2 2
m) 3x—1>2 )5m—20_2x2+x>m(1—3x)_5x
1 ' Y3 2 3 1
- |
[— \\
$>Bai 2. Tim z sao cho:
a) Gia tri cia bidu thitc 5 — 27 1a s6 duong.
b) Gia tri ctia biéu thic z + 3 nhd hon gia tri ciia biéu thic 4z — 5.
c¢) Gia tri ctia biéu thiic 2z + 1 khong nhé hon gia tri clia biéu thic o + 3.
d) Gi4 tri clia biéu thitc 22 + 1 khong 16n hon gia tri ctia biéu thite (z — 2)2.

B2 BATPHUONG TRINH BAC NHAT MOT AN I
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¢S Bai 3. Giai cac bat phuong trinh sau:

a) (z+2)? < 2x(x+2)+4. b) (z+2)(z+4) > (z —2)(x + 8) + 26.

&> Bai 4. Véi gia tri ndo ctia m thi phuong trinh an x :

a) © —3 = 2m + 4 c¢6 nghiém duong,. b) 2x —5 = m + 8 c¢6 nghiém am.

¢S Bai 5. Tim gia tri clia  théa man ca hai bat phuong trinh sau:

2$+3—2x>3m—|—2 \m+3—2x>3x—5
— A — .
5 3 = 2 2775 =" ¢
e
[ —
¢S Bai 6. Tim tat ca cac s6 nguyén théa man ca hai bat phuong trinh:
3r—2 _ 20 —5 3—=x
> — al— .
a) E _2+0,3va 5 > 1
b) 2(3z — 4) < 3(4z — 3) + 16 va 4(1 + z) < 3(z + 5).
\ e —
[ —
z 1 2 5—x 1—2z
$> Bai 7. Cho biéu thua Az( = ):
Sl ¢ 1—x+x+1 1— 22 2 —1
a) Tim diéu kieén x4c dinh va rat gon A.
b) Tim x dé A > 0.
— |
|— \\

7 13 22 1
49 Bai 8. Cho biéu thi z%::(- ) :( )
Cho bieuthtte B=\3+ 32/ \or 32 T 713

a) Tim diéu kién x4c dinh va rat gon B.

b) Tim z dé B < —1.

Baj e PHUGNG TRINH CHUA DAU GIA TRI TUYET POI
> .

@ TOM TAT LY THUYET

1. Phuong trinh dang [A| = B (1)

B>0
@ Céch 1. [A|=B<{ [A=8B
A=-B.

@ Cach 2.
BEEI = PHUONG TRINH CHUA DAU GIA TR| TUYET DO
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— Xét A > 0, phuong trinh (1) tr6é thanh A = B.

— Xét A <0, phuong trinh (1) tré thanh —A = B.

2. Phuong trinh dang |A| = |B|

Cach giai. |A| = |B| &
dch gidi. |4 = Bl |~

3. Phueng trinh chita nhiéu diu gi4 tri tuyét doi

Phuong phdp chung. Xét cac truong hop thich hgp dé bo dau gia tri tuyet doi.

e BAI TAP

$>Bdi 1. Giai cac phuong trinh sau

a) |r—9| =2z + 13.
b) |x + 8| = 4x — 10.

)
)
c) 22 —2|z| -3 =0.
d) 22 - 2x+3-3|z— 1] =0.
)

e) |2z — 5| = |z + 3.

f) |222 — bz + 5| = |z* + 6z — 5.

g)

h) 3—z|=3-=.

2 +5z+4|

x2—5x+4’

i) |22 — 3] =3 — 2.

P N
¢ Bai 2. Gidi cac phuong trinh sau
a) |r—1| —2lz| = —
b) |z —2|+|z+1+2*-5=0.
7

\ |
Bai e ON TAP CHUONG 4
¢ & - ®

¢S Bai 1. Ching t6 dién tich hinh vuong c¢6 canh 10 m khong nhé hon dién tich hinh chit nhat
¢6 cung chu vi.

il B4 ONTAPcHuoNG 4 IR
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49 Bai 2. Trong mot cudc thi d6 vui, Ban t6 chitc quy dinh mdi ngusi dit thi phai tra 16i 10 cau
hoi & vong so tuyén. Mbi cau héi nay c6 sin 4 dap an, nhung trong do chi c6 mot dap an dang.
Ngudsi du thi chon dap an diang sé duge 5 diém, chon dap an sai sé bi trit di 1 diém. o) vong so
tuyén, Ban t6 chiic tang cho mdi ngusi diy thi 10 diém va quy dinh ngusi nao c6 tong s6 diem ti
40 tré len méi duge dy thi & vong tiép theo. Hoéi ngusi duy thi phai trd 10i chinh x4c bao nhiéu
cau hoi ¢ vong so tuyen thi méi duge du thi tiép & vong sau?

e — |
[ — \\

¢S Bai 3. Mot ngan hang dang thyc hien ti le 1ai gt tiét kiem hang thang 1a 0,8%. Hoi rang,
muobn c6 s6 tien 1ai hang thang it nhat 1a 2 trieu dong thi s6 tién phai gii tiét kiem it nhat 1
bao nhiéu tién?

e
[— N\,

¢S Bai 4. Mot nguoi di bo mot quang duong dai 18 km trong khodng thoi gian khong nhiéu hon
4 gid. Luc dau nguoi dé6 di véi van téc 5 km/h, vé sau di véi van téc 4 km/h. Xac dinh do dai
doan duong ma ngudi d6 da di véi van tdc 5 km/h.

¢S Bai 5. Sau day 1a bang gia muén nha tro ctia hai ngudi chii nha

Chtt nha | Tién nha tro (da tinh tién nuéc mdi thang) | Tién dien mdi kWh
Béc An 500 000 déng 2 000 déng
Bac Ba 450 000 dong 2 500 dong

Mot gia dinh muén muén nha tro dé &, néu binh quan mdi thang ho sit dung 80 kWh dién thi
nén muén ciia bac An hay bac Ba? Biét rang, tong s6 tién phai tra cho chii nha hang thang la
tong sb tien thué nha tro (bao gom tién nude mdi thang) va tien dien st dung.

[— \\

¢S Bai 6. C6 hai hang dieén thoai ¢6 dinh tinh phi goi cho cac thué bao nhu sau

Hang Thué bao (ngan dong) | Goi noi hat (ngan dong/30 phut)
Hang A 10 6
Hang B 15 5

Goi y la gia tien ma khach hang phéai tra sau x lan 30 phuat (z 1a s6 tu nhién). Biét cude phi hang
thang bing tong tién thué bao va cudc phi goi noi hat, vi du: cuée phi hang thang ctia hang A
la y = 10 + 6z (dong). Em hay cho biét véi cach tinh cude phi nhu tren thi

a) Cudc phi hang thang ctia hang B duge tinh theo cong thic 1a gi?

b) Mot khach hang mdi thang c6 s6 gio goi binh quan khong bé hon 4 gio thi nén st dung
mang ctia hang nao sé ré hon?




HINH HOC




Chirong 3

DINH Li THALES TRONG 11\,
GIAC. TAM GIAC DONCIYNN[E

DINH LI THALES TRONG TAM GIAC. DINH LI DAO,
HE QUA CUA DINH LI THALES

p @
N

@ TOM TAT LY THUYET
1. Poan thang ti ¢

P 2 7z 2 .AB Z
a) Ti so ctia hai doan thang Ti s6 cta hai doan thang AB va C'D, ki hiéu oD la ti s0 do dai

ctia ching theo ciing mot don vi do. Lww g: Ti s6 clia hai doan théng khong phu thudc vao
don vi do.

b) Poan thang ti l&é Hai doan thing AB, CD dugc goi la ti 1& v6i hai doan thing A’B’ va C'D’
AB A'B’ AB CD

cD oD ™ ap T oD

néu co ti le thic

c) Mot s6 tinh chat ctia ti 1é thic

AB A'B S
© =5 =ap ~ AB-C'D'=AB-CD.
© AB A'B N AB A'B°  AB+A'B
cb D ~CD CD CD+CD’
© AB AB  AB+CD AB +C'D

cb_CcD (D D

2. Dinh li Thales trong tam giac

a) Dinh 1i Thales thuan Néu mot duong thang song song v6i mot canh clia tam giac va cit hai
canh con lai thi n6 dinh ra trén hai canh dé nhitng doan thang tuong ting ti 1e.

‘ $>Vidu 1. Dién vao chd trong doan thiang thich hop dé dugc ti s6 ding. W

_ 27 [
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AM — AN; AB — AC; MB — NC la cac cap doan A
théng tuong tng dude xac dinh béi dudng thang M N
v6i hai canh AB, AC' cta tam giac ABC. Ta c¢6

( AM B AN
AB  AC M N
MN J| BC N AM _A_N (
M e AB,N € AC MB ... T )
MB _ aoo
L ... ACT B C
N\ e
| — \\
&S Vidu 2. Tim x trong cac truong hgp sau
.................................................... A
.................................................... ﬁN
.................................................... D E
.................................................... 10
.................................................... 5
.................................................... 5 .
Hinh 1
............................................................. .
Hinh 2
N\ e —

b) Dinh Ii Thales ddo Néu mot dusng thing cit hai canh ctia mot tam gidc va dinh ra trén hai
canh nay nhing doan thing tuong tng ti lé thi duong thang d6 song song véi canh con lai ciia
tam giac.

M e AB,N € AC
$Vidu3. { MA NA (
MB NC

¢) Hé qua ctia dinh 1i Thales Néu mot dudng thang cit hai canh ctia mot tamm giac va song
song vGi canh con lai thi né tao thanh mot tam gidc mdi ¢6 ba canh tuong tng ti 1é véi ba
canh cta tam giac da cho.

B 1. DINH LI THALES TRONG TAM GIAC. BINH LT DAO, HE QUA cUA BINH LITHALES  [IEI
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| \\
$> Vidu 4.
AM AN MN
pr— f— .A
MN[BC= 2 =20 =20 (e, )
M/\N
B C

Luu : He qua trén van dang trong truong hop duong thing khong cit hai canh ma cit duong
thang chita hai canh ctia tam giac.

P N
$>Vidu 5.
A N M
14\/
Br C

M \N B C

AM AN MN
MN [ BC = = Srm = o (et ).
N\ e —

Q BAI TAP

4% Bai 1. Cho hinh thang ABCD c¢6 AB /| CD va AB < C'D. Dudng thing song song véi day
AB cét cac canh bén AD, BC theo tht tit tai M va N. Chitng minh ring

)MA_NB b)MA_NB )MD_NC’
Y AD T BC" MD _ NC “ DA~ CB
L g

AE AF

a8 Tac b

&> Bai 2. Cho tam giac ABC. Tt diem D trén canh BC, ké cac duong thing song song vdi
cac canh AB va AC, ching cit cac canh AC va AB theo thit ti tai F' va E. Chitng minh rang

N\

& Bai 3. Cho tam giac ABC' c6 canh BC bang a. Trén canh AB lay cac diém D va E sao cho
AD = DE = EB. Tt D, E ké cac duong thing song song v6i BC, cit canh AC theo tht tu tai
M, N. Tinh theo a do dai cua cac doan théng DM va EN.

N

rang M N = PQ.

4> Bai 4. Cho hinh thang ABCD (AB /| OD). Dudng thang song song véi day AB cit cic canh
bén va cac dusng chéo AD, BD, AC va BC theo tht tu tai cac diém M, N, P, Q. Chting minh

BEZI & ©INH LI THALES TRONG TAM GIAC. BINH LT DAO, HE QUA CUA BINH LT THALES
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&> Bai 5. Cho tam gidgc ABC, lan lugt 1ay hai diém D, E trén canh AB va AC sao cho DE song

ND MB
song véi BC. M la diém bat ki tren BC, AM cit DE tai N. Chiing minh ring —— NE Mo

\
> Bai 6. Cho tam giac ABC, M 1a mot diém bat ki tren BC. Céc dLIOng song song voi AM vé

1
tit B va C cat AC va AB tai N va P. Chiing minh AM BN C’P

$>Bai 7. Cho hinh thang ABCD (AB /| CD). Goi O la giao diém ctia hai du’dng Cheo Qua O
1 1

oM AB C’D

\ e
—

4> Bai 8. Cho hinh thang ABCD (AB J/ CD), M 1a trung diém ctia CD. Goi I la giao diém
ciia AM va BD, K la giao diém ctia BM va AC.

ké duong thang song song véi CD cit BC' & M. Chitng minh ring:

a) Chiing minh réng IK /| AB.
b) Dudng théang I K cit AD, BC theo thit tu tai £ va F. Chitng minh réing EI = [K = KF.

N\
$>Bai 9. Cho tam giac ABC. Ké duong thing song song v6i BC' cat AB & D va cat AC tai E.
Qua C ké Cz song song véi AB, cit DE & G. Goi H 1a giao diém ctia AC va BG. Ké HI song
song véi AB (I € BC). Chitng minh rang:

a) DA-EG = DB - DE.
b) HC? = HE - HA.

y L1 1
“TH~ AB " CG
N\ e ——
[—
> Bai 10. Cho hinh thang ABCD c6 hai day BC' va AD (BC khac AD). Goi M, N lan lugt la
AM
hai diém trén canh AB,CD sao cho a5 = g—D Duong thang M N cit AC va BD tuong tng

tai E va F. V6 MP /| BD (P € AD).
a) Chiing minh rang: PN // AC.

b) Goi H la giao diém ctia PN va BD; K la giao diém ctia M P va AC. Chiing minh rang:
KH [| MN.

¢) Ching minh ring: ME = NF.

> Bai 11. Cho hinh binh hanh ABCD. Mot duong thing bat ky qua A cit doan BD, duong
thang C'D va BC lan lugt tai £, F va G. Chting minh ring:

a) AE? = EF - EG.

1 N 11
AF  AG AE’

b)

B B 1. DINH LI THALES TRONG TAM GIAC. BINH LT DAO, HE QUA cUA BINH LITHALES [
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——
4> Bai 12. Tren dudng trung tuyén AM ciia tam giac ABC, talay 1 diém K sao cho AK = 3K M.
Duong thang BK ciat canh AC tai P. Tinh ti s6 i—g

—
N\

49 Bai 13. Cho hinh binh hanh ABCD. Ta lay diém M trén canh AD sao cho AM = 2M D va

diém N trén canh C'D sao cho DN = 3NC'. Hai duong thing BM va AN cit nhau tai S. Tinh

ti s6 AS : SN.

e
\

4> Bai 14. Cho hinh thang ABC'D déy 1én CD. Qua A vé duong thing AK J/ BC cat BD tai
E (K € CD). Qua B vé dudng thang BI /| AD cit AC tai F (I € CD). Chitng minh ring:

a) EF /| AB.
b) AB®>=CD - EF.
\

> Bai 15. Cho tam giac ABC' va trung tuyén AD. Mot duong thang bat ky song song véi AD
cat canh BC, duong thing C A, AB lan luct tai E, N, M.

. ) EM EN

a) Chlmg mlﬂh. E —+ E =

b) Chiing minh trung diém I ctia doan thang M N thudc mot duong ¢ dinh khi £ di chuyén
trén canh BC.

\ e —
I

&> Bai 16. Cho AABC. Tren AB, AC lan luct lay cac diem E va F sao cho AE = AF, EF cét

. IE A
trung tuyen vé tit dinh A cia AABC tai [. Chiing minh: F = ﬁ

JEX &' ©NH LI THALES TRONG TAM GIAC. BINH LT DAO, HE QUA CUA BINH LT THALES
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TAM GIAC PONG DANG. CAC TRUONG HOP

Bui e PONG DANG CUA 2 TAM GIAC
_ °

Q TOM TAT LY THUYET

1. Dinh nghia
Tam giac A’B'C’ goi la dong dang véi tam giac ABC néu
A=AB=B0C=C
AB" BC C'A
AB ~ BC ~ CA
®@ Tam gidc A’B'C’ dong dang véi tam giac ABC dugce ki hieu 1a AA'B'C" ~ AABC' (viét theo
thi tu cidp dinh tuong ting).

A/B/ B/C/ C/A/
© Ti 86 cac canh tuong tng 5= BC - CA

= k goi | ti s6 dong dang.
2. Tinh chat
a) Phan xa: AABC «~ AABC.

b) Déi xting: AABC «~ AA'B'C' (ti s6 k) thi AA'B'C" ~ AABC (ti s6

)

| =

- N AAlBlcl “ AAQBQCQ
Bac cau: ANA1B1Cy ~ ANA3B3Cs.
©) Bac cau {AA23202 o AAByCy T Sl

3. Dinh li

Néu mot duong thing cit hai canh ctia mot tam giac, song song véi canh con
lai thi n6 tao thanh mot tam gidc dong dang véi tam gidc da cho

AABC ¢6 MN J| BC (M € AB,N € AC) M N
= ANAMN -~ AABC.

B C

Luu y: Dinh li vAn ddng trong truong hop dudng thing cit phan kéo dai hai canh ctia tam giac va
song song véi canh con lai

ANABC ¢6 MN J| BC A SANEE -
= AAMN -~ AABC.

B e
M N B c

! \

B2 TAM GIAC PONG DANG. CAC TRUONG HOP DONG DANG cUA 2 TaM GlAC [
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4. Cac truong hgp dong dang cua hai tam giac

a) Truong hgp 1: Canh - Canh - Canh
Néu 3 canh ciia tam gidc nay ti 1é v6i 3 canh ciia tam gidc kia thi 2 tam gidc d6 dong dang.

A w
Xét ANABC va NA'B'C':
AB  BC CA _
A'B' BIC' A ke kb ¢ b
= AABC «~ AA'B'C" (c-c-c).
B’ a o4
B ka C

b) Trudng hgp 2: Canh - G6c - Canh
Néu 2 canh ctia tam gidc nay ti lé véi 2 canh ciia tam gidc kia va goc tao bdi céc cap canh do
bang nhau thi 2 tam gidc dong dang

Xét ANABC va NA'B'C':

A=A
AB  AC AW
A'B — AC! ke kb
= ANABC «~ ANA'B'C’ (c-g-c).
B’ c’
B C

¢) Trudng hgp 3: Géc - Géc
Néu 2 géc cia tam gidc nay lan lugt bang 2 goc clia tam giac kia thi 2 tam giac d6 dong dang

Xét A@\BC’ va NA'B'C":

A=A
B=F
= AABC «~ AA'B'C’ (g-g).
B’ o4
B C

Q BAI TAP

¢S Bai 1. T giac ABCD c6 hai duong chéo AC va BD cét nhau tai O, ABD = ACD. Coi E
la giao diém ctia hai dudng thang AD va BC. Chitng minh ring

a) NAOB va ADOC dong dang.
b) AAOD va ABOC dong dang.
¢) EA-ED = EB - EC.

¢S Bai 2. Cho tam giac ABC vuong tai A, dudng cao AD va duong phan giac BE cit nhau tai
F. Chitng minh ring: FD - EC = FA- EA.

IEE =2 AV GIAC BONG DANG. CAC TRUONG HOP DONG DANG CUA 2 TAM GIAC
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$SBai 3. Tam giac ABC' c6 ba duong trung tuyén cat nhau tai O. Goi P, Q, R tht ty la trung
diém ctia cac doan thang OA, OB, OC. Chiing minh ring: tam gidc PQR dong dang véi tam
gitc ABC.
\

¢S Bai 4. Cho tam giac ABC ¢6 AB = 12 cm, AC = 15 cm, BC = 18 cm. Trén canh AB, dit
doan thing AM = 10 cm, trén canh AC dit doan thing AN = 8 cm. Tinh do dai doan thing
MN.

&> Bai 5. Cho tam gidc ABC ¢6 AB = 10 cm, AC = 20 cm. Trén canh AC, dat doan théng
AD =5 cm. Ching minh ABD = ACB.

N\

49 Bai 6. Hinh binh hanh ABCD c6 hai duong chéo AC va BD céit nhau tai O va AC = 2AB.

a) Vé trung tuyén BE ctia tam giac ABO. Chiing minh rang: ABE = ACB.

b) Goi M la trung diém ctia canh BC. Chiing minh rang: EM vuong goc véi dudng chéo BD.

\
[—
$>Bai 7. Cho tam giac vuong ABC (121\ = 90°). Dung AD vudng goc v6i BC' (D thuoc BC).
. N F EA
Duc han giac BE cat AD tai F. Chi inh rang: — = —.
uong phan giac ca ai . Ching minh rang 74 = BEC

. B2 TAM GIAC PONG DANG. CAC TRUONG HOP BONG DANG CUA 2 TAM GIAC



B GV Phom Binh Quang - ®0337.820.847 [N

GIAC VUONG

CAC TRUOGNG HGP PONG DANG CUA HAI TAM
vi

N

Q TOM TAT LY THUYET

1. Céc trudng hop dong dang dic biét clia 2 tam gidc vudng

a) Truong hop 1
Tam giac vuong nay c6 mot goc nhon bang véi goc nhon clia tam giac vuong kia.

B
B/
Xét AABC vuong 6 A va AA'B'C" vuong 6 A’, ta ¢
B=D
= AABC «~ NA'B'C' (g — g). I o
A c

b) Trudng hgp 2
Tam giac vudong nay c6 hai canh goc vuodng ti 1é v6i hai canh géc vudng cuia tam gidc vuodng

kia.
Xét AABC vuong 6 A va ANA'B'C’ vuong 6 A’ ta c6

B B
AB  AC
A'B AC! " c
-c
= ANABC «~ NA'B'C' (¢ — g — ).
A b
A kb C

¢) Trudng hop 3
Néu canh huyén va mot canh géc vudng clia tam giac vuong nay ti 1& véi canh huyén
va mot canh gbéc vudng ciia tam gidc vuong kia thi hai tam giac vuong dé dong dang.

Xét AABC vuong 6 A va ANA'B'C" vuong 6 A', ta ¢

B B
BC  AC
B'C' AC! c a
k-c k-a
= NABC «~ NA'B'C’ (¢ — g — ¢).
A ¢’
A C

2. Ap dung
@ Dinh li 3.1. Ti s6 hai2 dudng cao tiuong iing ciia hai tam giac dong dang bang ti s6 dong
dang.
AH AB N ? X X
NABC «~ NA'B'C' = Vo k (k 1a ti s6 dong dang).

IEE = cAC TRUONG HOP DONG DANG CUA HAI TAM GIAC VUONG
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@ Dinh i 3.2. Ti sé dién tich ciia hai tam giac dong dang bang binh phuong ti s6 dong

dang.
AABC o AABC = 2ABC _ 2 (S Ia dien tich, k la ti s6 dong dang).
A/BIC/
e BAI TAP
$> Bai 1.
Cho hinh vé sau B

a) Chitng minh réing ABHA «~ ABAC. Tt dé suy ra AB? = BH - BC.

)
b) Chiing minh rang AAHC «~ ABAC. Tu d6 suy ra AC* = CH - CB.
c¢) Chiing minh rang AH?> = HB - HC.

)

d) Chiing minh réng AH - BC = AB - AC.

> Bai 2. Cho AABC c6 dudng cao AH (H nam gitta Bva C). Tt Hvé HM 1 AB (M € AB);
HN L AC (N € AC)

a) Chiing minh AH? = AN - AC va AABC «~ AANM.
b) Ching minh AB-CM = AC - BN.
c) CM cit BN 6 K. Chiing minh AMKN «~ ABKC.

\ e

¢S Bai 3. Chiing minh rang ti s6 do dai hai duong phan gidc va ti s6 do dai hai dudng trung
tuyén tuong tng clia hai tam giac dong dang bang vdéi ti s6 dong dang ctia hai tam giac do.
— |

[— \\

¢ Bdi 4. Cho hinh vé sau

a) Ching minh AACB «~ AEFC.

b) Chitng minh AMBC «~ ANCF.

z M
¢) Ching minh hai dudng thiang MC va FN vudng géc F

v6i nhau.

> Bai 5. Cho tam giac ABC vuong & A c¢6 duong cao AH. Diém H chia canh huyén BC thanh
hai doan c6 do dai 4 cm va 9 cm. Goi D va E 1a hinh chiéu ctia H trén AB va AC.

a) Tih do dai DE.

b) Cac dudng thang vuong goc véi DE tai D va E cat BC theo thit tu tai M va N. Chiing

. B3. CAC TRUONG HOP DONG DANG cUA HAI TAM GIAC VUONG (B
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minh M la trung diém ctia BH, N la trung diém ctia CH.

¢) Tinh dién tich ti giac DEN M.
\

[—

> Bai 6. Cho tam giac ABC vuong 6 A. Qua diém D trén canh BC ké duong vuong goc véi BC
cit cac duong thang AB va AC theo thit tu 6 £ va G. Chitng minh réng DB - DC = DE - DG.

¢S Bai 7. Cho tam giac ABC, duong phan giac AI. Goi D va E lan lugt 1a hinh chiéu ctia B va
~ . .. AD ID
C lén Al. Ching minh AE - 1B
- |
\

S Bai 8. Trong tam gidc ABC hai géc B va C théa man diéu kien B+C = 90°, ké duong cao
AH. Chiing minh AH? = BH - CH.
\

&> Bai 9. Gia sit AC 1a dudng chéo 16n ctia hinh binh hanh ABCD. Tit C ké cac duong thang
CE, CF lan lugt vuong goc v6i AB, AD. Chitng minh rang AB - AE + AD - AF = AC?.

N
> Bai 10. Cho AABC vuong tai A. Tit mot diem D bat ky trén canh BC ké cac duong DE,
DF lan lugt vuong goc véi AB va AC. Chitng minh rdng DB - DC = EA-EB+ FA - FC.

&> Bai 11. Cho tam giac ABC, cic duong cao BD va C'E cit nhau tai H.
a) Ching minh raing AE - AB = AD - AC.

b) Chiing minh ring ADE = ABC.

¢) Chiing minh rang CH - CE + BH - BD = BC*.
)

d) Gia st goc A c6 sd do bang 60°, Sapc = 120 cm?. Tinh Sapg.

> Bai 12. Cho tam giac ABC' ¢6 ba géc nhon. Goi M 1a trung diém canh BC, N 1a trung diém
canh AC. Céac dudng trung truc ctia canh BC va AC cit nhau tai diem O, H 1a truc tam va G
la trong tam cia tam giac. Chitng minh

a) Hai tam giac ABH va M NO dong dang.
b) Hai tam gidc AHG va MOG dong dang.
¢) Ba diém H, G, O thang hang.

[ — AN
> Bai 13. Cho tam giac déu ABC. Goi O la trung diém ctia BC. Trén canh AB, AC lan lugt

—

lay cac diém di dong M, N sao cho MON = 60°. Chting minh:
a) Tich BM - CN khong doi.

B3. CAC TRUONG HOP BONG DANG CUA HAI TAM GIAC VUONG
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b) Cac tia MO, NO theo thi tu la tia phan gidc cia BMN va CNM.
¢) Khoang cach tit O dén M N khong doi.
d) Chu vi tam giac AM N khong doi.

N

4> Bai 14. Cho hinh vuéng ABCD. Trén canh BC' lay diém E. Tia AE cit duong thing DC
tai M, tia DE cit AB tai N. Chiing minh rang

a) ANBC «~ ABCM.

b) BM vuong goc v6i CN.

\ e —
I

$>Bai 15. Cho hinh vuong ABCD va M thudoc BC. AM cit DC tai E, DM cat BE tai F.
Chiing minh rang CF 1 AE.

——
N

¢ Bai 16. Cho tam gidc ABC vuong can ¢6 C = 90°. Tit C ké tia vuong géc véi trung tuyén
. . BD
AM cat AB 6 D. Hay tinh ti s0 —.

DA
e
N\
¢S Bai 17. Cho AABC ¢6 trung tuyén BK va phan giac trong C'D cit nhau tai /. Chiing minh
CICT AC
e TD T B T

. Bi3. CAC TRUONG HOP DONG DANG CUA HAI TAM GIAC VUONG
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B e ON TAP CHUONG
_

°

\
¢S Bai 1. Cho ba tia Oz, Oy, Oz tao thanh xOy = yOz = 60° Chiing minh néu A, B, C'1a 3
diém thang hang trén Oz, Oy, Oz thi ta c6 OB OA OC

\
> Bai 2. Cho tam gidc can ABC (AB = AC), O la giao diém ba dudng trung tryc, D 1a trung
diém canh AB va E la trong tam ciia tam giac AC'D. Chiing minh rang OFE vuong goc véi CD.

N\
9 Bai 3. Cho tam giac ABC, dudng thing di qua trong tam G va song song véi BC cat AC tai

1
D. Goi E la diém déi xiing ctia G qua B, ED va CG cit nhau tai I. Tinh %
¢ Bai 4. Cho hinh thang ABCD (BC' J| AD va BC < AD). Tren tia doi cia tia CA 1ay mot
diém P tuy . Goi K va L lan lugt 1 trung diém ctia cac canh BC va AD. PK cit AB tai M
con PL cat CD tai N. Chiing minh MN /| AD.
¢S Bai 5. Cho tam gidc ABC can tai A c6 AB = 20 cm, BC = 5 cm. Tinh do dai duong phan
giac trong BD cua tam giac ABC.
&> Bai 6. Cho AABC c6 ba duong cao AD, BE,CF dong quy tai H. Chitng minh rang AH -
DH=BH-FH=CH-FH.

N\
> Bai 7. Hai diém M va K thit tit nim trén canh AB va BC cia AABC; hai doan thing AK
va CM cit nhau tai diem P. Biét ring AP = 2PK va CP = 2PM. Chiing minh ring AK va
CM 1a cac trung tuyén ctia AABC.

\
¢ Bai 8. Cho hinh binh hanh ABC'D. Tt A ké AM vuong goéc véi BC, AN vuong goc véi C'D
(M thuoc BC va N thuoc CD). Chiing minh rang AMAN «~ AABC.
\
[——
$>Bai 9. Cho tam giac ABC, diém D thuoc canh BC. Vé DM song song v6i AC' (M thuoc
AB) va DN song song v6i AB (N thuoc AC). Biét Sgyp = a?, Spyc = b*. Chitng minh réng:
SABC = (a + b)2
- |
[— N\
$>Bai 10. T '@ gidc ABC'D c6 hai goc vuong tai dinh A va C, hai dudng chéo AC' va BD cat
nhau tai O, BAO = BDC. Chiing minh
a) ANABO «~ ADCO
b) ABCO «~ AADO.
e

BEE m2 OnTAP cHUONG
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HINH LANG TRU BUNG, 1L\l
CHOP BEU

@
N

e TOM TAT LY THUYET

1. Hinh hop chut nhat
® Hinh hop chit nhat c6: 6 mat, 8 dinh va 12 canh.

HINH HOP CHU NHAT

© Hai mit ctia hinh hop chit nhat khong c6 canh chung goi & hai mat déi dien va c¢6 thé xem
chiing 1a hai mat day cta hinh hop chit nhat, khi d6 cac mat con lai duge xem 1a cac mét bén.

A’ D’
e c
A
i
D
B C

® Hinh lap phuong la hinh hop chit nhat c6 6 mat 1a hinh vuong.

2. Mit phang va duong thang
® Cho hinh hop chit nhat ABCD.A'B'C'D’. Ta ¢6 thé xem:
—— Cac dinh: A, B,C, ... nhu la cac diém.
— Cac canh: AD, DC,CC", ... nhu la cac doan thing.
— M&i mat, ching han mat ABCD, la mot phan ctia mat phang (ta hinh dung mit phing

trai rong vé moi phia).

@ Duong thang qua hai diem A, B cia mit phang (ABCD) thi nam tron trong mit phang dé6
(titc 12 moi diém clia n6 déu thudc mat phang).

. 3 “
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3. Hai duong thang song song trong khong gian

®@ Trong khong gian hai duong thang a va b goi 1a song song véi nhau néu chiing nim trong cling
mot mat phang va khong c6 diém chung.

® V6i hai duong thang phan biét trong khong gian, chiing c¢6 thé:
—— (4t nhau.

— Song song.

— Khong cling nam trong mot mat phang nao.

© Hai duong thing phan biét, cling song song véi mot dudng thing tht ba thi song song véi
nhau.

4. Puong thang song song vii mit phang. Hai mit phang song song

® Khi AB khong nam trong mit phing (A’B'C'D’) ma AB song song véi mot dudng thang clia
mit phang nay, chang han AB // A’B’, thi ta n6i AB song song v6i mat phang (A'B'C'D’) va
ki hiéu la:

AB [l mp(A'B'C'D')

® Xét hai mat phang (ABCD) va (A'B'C'D'). Mit phiang (ABCD) chita hai dudng thing cat
nhau BA, BC va mat phang (A’B'C'D’) chita hai duong thing cit nhau B’A’, B'C’, hon nita
BA song song véi B'A’ va BC' song song v6i B'C’, khi d6 ta n6i mat phang (ABCD) song
song v6i mat phang (A’B'C'D’) va ki higu la:

mp(ABCD") /| mp(A'B'C'D’)
A/ D’

Cl

5. Pwong thang vudng goc véi mat phang. Hai mit phang vudng géc

®@ Khi duong thing A’A vuong géc v6i hai duong théng cit nhau AD vh AB ctia mit phéng
ta noi vuong goc véi mit phing tai A va ki hiéu la:
ABCD 61 A’A 6¢ vOi h ABCD A va ki higu 1

AA L mp(ABCD)
® Nhan xét: Néu mot dudng thing vuong goéc véi mot mat phéng tai diém A thi né vuoéng géc
v6i moi dudng thang di qua A va ndm trong mit phang doé.

® Khi mot trong hai mat phang chita mot dudng thang vuong goéc véi mat phang con lai thi ta
néi hai mat phing dé vuong goc véi nhau.

I & HiNH HOP CHO NHAT
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6. Thé tich ctia hinh hop chit nhat

@ Néu cac kich thudc ctia hinh hop chit nhat 14 a, b, ¢ (cing don vi do dai) thi thé tich ctia hinh
hop chit nhat d6 la: V =a-b-c.

® Thé tich hinh lap phuong canh a la: V = a?.

e BAI TAP

¢S Bai 1. Cho hinh hop chit nhat ABCD.A'B'C'D’.

a) Nhiing canh nao song song véi DD'?

Nhiing canh nao song song véi C'D?

)
b) Nhiing canh nao song song véi BC?
c)

)

d) Nhiing mat nao song song véi mp(BCC'B’)?

\ e

¢S Bai 2. Mot can phong dai 5m, rong 3,2m va cao 3m. Nguoi ta mudn quét voi tran nha va
bén bitc tuong. Biét ring tong dién tich cac ctia la 6,3m?2. Hay tinh dién tich can quét voi.

[— AN

> Bai 3. Hay ké tén nhitng canh bing canh BD ctia hinh hop chit nhat ABCD.A'B'C'D’.

N\
$>Bai 4. Cho hinh hop chit nhat ABCD.A'B'C'D' ¢c6 AB = 3cm , AD = 4cm , AA’ = 5cm.
Tinh AC".

e
¢S Bai 5. Cho hinh hop chit nhat ABCD.A'B'C'D’.
a) Hai duong thang AC" va BD' c¢6 cit nhau khong?
b) Dudng thing BD c6 cit cac dudng thang AA’, A’C’, CC’ hay khong?
c¢) Tim mot diém cach déu cic dinh ctia hinh hop chit nhat.
e
[— AN
> Bai 6. Tim do dai canh ctia hinh lap phuong ABCD.A'B'C'D’ biét BD = /3.
- |
[ —
9 Bai 7. Cho hinh hop chit nhat ABCD.A’B'C'D’. Chitng minh rang: néu BA'C’ 1a tam giac
déu thi ABCD.A'B'C'D'’ 1a hinh lap phuong.
\ e
[—
4> Bai 8. Tinh céc kich thudc ctia hinh hop chit nhat biét ring ching ti 1 véi 2, 3,4 va theé tich
ctia hinh hop bang 1536cm? .
- |

B B1. HindHOP cHO NHAT [P
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¢S Bai 9. Cho hinh lap phuong ABCD.A’B'C'D’. Chitng minh rang:
a) BC vuong géc véi mp(DD'C'C).
b) A'C’" vuoéng géc v6i mp(BDD'B’).
¢) BD vuong goc véi mp(AA'C'C).
)

d) BC vuong goc véi C'D.

\ e

¢S Bai 10. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a, AD = b, AA" = ¢. Chiing minh
ring : BD' = B'D = AC' = A'C = va? + b2 + 2.

[—— N\
&> Bai 11. Mot hinh hop chit nhat c¢6 theé tich bang 60 cm?® va dién tich toan phan bing 94 cm?.
Tinh chiéu rong, chiéu dai ctia hinh hop chi nhat biét chiéu cao bang 4 cm.

| —

9 Bai 12. Mot binh dyng nude c¢6 dang hinh hop chit nhat (xem hinh vé&). Myc nudc hién tai
. 2 . . . P

bang 3 chieu cao ctia binh. Néu ta day binh lai roi dung ding lén (lay méat (ADD'A’) lam day)

thi chiéu cao ctia muc nuée 1a bao nhiéu ?

A’ D’
B Ammmmeemee—memeeocoo-o- - ---
6 cm Al
) S P I | p——
D
o 8 cm
B 12 cm C
— - |
| .

¢S Bai 13. Mot binh dyng nuéc c6 dang hinh hop chit nhat c6 chiéu rong bang 4cm, chicu dai
bang 8cm, chiéu cao bang 5cm. Muc nuée hién tai bang a chidu cao ctia binh. Néu ta d6é nuéc

trong binh vao mot binh khéc hinh lap phuong canh bang 5ecm thi chiéu cao clia muc nude 1
bao nhiéu?
\ e —

IR B HiINH HOP CHO NHAT
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Baj a HINH LANG TRU DUNG
—

Q TOM TAT LY THUYET

1. Hinh lang tru ding

A’ D’
B | c
Al
O -
D
B C

® Hinh trén 13 mot hinh lang tru ding. Trong hinh nay:

— A B,C,D,A",B",C", D" 1a cac dinh.
— Cac mat ABB'A’, BCC'B’, ... 1a cac hinh chit nhat. Ching duge goi 1a cac mat bén.
— Hai mat ABCD, A’B'C'D’ 1a hai day.

® Hinh ling tru ding trén c6 hai day la ti gidc nén goi 1a lang tru ding td giac, ki hieu
ABCD.A'B'C'D'.

® Hinh hop chit nhat, hinh 1ap phuong ciing 1a nhitng hinh lang tru ding.
® Hinh lang tru ding c6 day 1a hinh binh hanh dugce goi 1 hinh hop diing.
2. Dién tich xung quanh cua hinh lang tru dirng
@ Dien tich xung quanh ctia hinh lang tru ding bing tong dién tich céc mat ben.
Cong thitc: Sy =2-p-h (p la nlta chu vi day, h la chiéu cao).

@ Dién tich toan phan ctia hinh ling tru ding bing tong dien tich xung quanh va dién tich hai
day.

3. Thé tich ctia hinh ling tru ditng
© Thé tich hinh ling tru ditng bang dién tich day nhan véi chicu cao.

Q BAI TAP

Cong thiic: V =5 - h (S 1a dién tich day, h 1a chiéu cao).

B2 HNHLANG TRUBUNG [ YR
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¢S Bai 1. Cho mot hinh ling tru ding tam giac ABC.A'B'C".

a) Nhitng cip mat phang nao song song véi nhau?

b) Nhitng cip mit phang nao vuéng géc véi nhau?
e — |
N

4> Bai 2. Cho hinh lang tru ding day la tam giac ABC.A’B'C". Trong céc phat biéu sau, phat
biéu nao ding?

a) Céac canh bén AB va AA’ vudng gbéc v6i nhau.

b) Céac canh bén BB’ va B'C’ vudng géc véi nhau.

)
)
¢) Céac canh ben AC va A’C’ vuong goc véi nhau.
d) Cac canh bén AC va A’C’ song song véi nhau.

e) Hai mat phang (ABC) va (A’B'C’) song song v6i nhau.

f) Hai mat phang (ACFD) va (BCC'B’) song song v6i nhau.

g) Hai mit phing (ABB'A’) va (A'B'C") vuong goc véi nhau.

9 Bai 3. Cho hinh ling tru ding tam giac ABC.A'B'C'. Goi I, J, K lan lugt la tam clia cic
mat ben (AA'C'C), (CC'B'B) va (BB'A’A).

a) Ching minh 1.J /) mp(ABC).

b) Chiing minh mp(/JK) // mp(ABC).

49 Bai 4. Cho hinh ling tru ding tam giac ABC.A'B'C" ¢c6 AB 1. BC . Goi M la trung diém
cua AC.

a) Ching minh BM 1 mp(AA'C'C).

b) Tim giao tuyén ctia hai mit phing (AA'C'C) va (BB'M).

—
S Bai 5. Mot khéi gd hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bing a. Ngudi ta cat khoéi gb

theo mat (ACC’A") duge hai hinh ling tru ding bang nhau. Tinh dién tich xung quanh ctia méi
hinh lang tru do.

——
N

[—
49 Bai 6. Cho hinh ling tru ding ABC.A’B'C’, ddy ABC la tam giac can tai C, D la trung diém
ciia canh AB (hinh vé). Tinh dién tich toan phan cta lang tru.

——
N

[—
$9 Bai 7. Cho hinh lang tru diing c6 ddy la hinh vuong canh a. Tinh chiéu cao (theo a) ctia ling

try, biét dién tich xung quanh bang 5 dién tich toan phan.

G m2 HiNH LANG TRY DUNG
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¢S Bai 8. Cho hinh ling tru ding ABC.A'B'C’, day ABC' la tam giac can tai A c6 cac kich
thuée nhu hinh vé. Tinh thé tich ctia hinh lang tru.

A C’

[ — \\
&> Bai 9. Tinh thé tich ctia khéi lang tru ding co6 day la tam gidc va cac mat bén la cac hinh
vuong canh bang a.

\
¢S Bai 10. Cho hinh lang tru ding ABC.A’B'C’, day 1a tam gidac ABC can tai A. Goi M, M’
lan luogt 1a trung diém ctia BC va B'C'.

a) Ching minh AMM’'A’" 1a hinh chit nhat.

b) Tinh dién tich ctia hinh chit nhat AMM’'A’ biét thé tich ctia hinh lang tru bing V v
BC = a.

N
¢S Bai 11. Mot binh thiy tinh hinh laing tru ding ABC.A'B'C’, day 1a tam giac ABC c¢6 AB =

. . 2
6cm, BC = 10cm, AC = 8cm, chieu cao CC’ = 12cm. Muc nuée trong binh hién tai bang 3

chiéu cao ctia lang tru. Bay gio ta day binh lai va lat ding lén sao cho mat (ACC’A’) 1a mat day.
Tinh chiéu cao ctia muc nuée khi dé.

P N
9 Bai 12. Cau héi tuong ty nhu bai 24 nhung thay mat (ACC'A’) béi mat (BCC'B').

B B2 HNHLANG TRUBUNG [T
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Baj e HINH CHOP DPEU VA HINH CHOP CUT DEU
>

Q TOM TAT LY THUYET

1. Hinh chop

Chiéu cao

© Hinh trén 14 mot hinh choép ¢6 mat day 1la mot da gidac va cac miat bén la nhitng tam giac
¢6 chung mot dinh. Dinh chung nay goi la dinh ctia hinh chép.

@ Duong thing di qua dinh va vuong géc véi mit phang day ciia hinh chép goi la dudng cao
cua hinh chép.

® Trong hinh trén: hinh chép S.ABCD c6 dinh 1a S, day 1a ti gidc ABCD, ta goi d6 1a hinh
chop ti giac.

2. Hinh chép déu

Trung doan
Dudng cao

Mit bén
Canh bén

A

Mat day

® Hinh chép S.ABCD trén c6 day la hinh vuong, cdc mat béen SAB, SBC, SCD va SDA la
nhitng tam gidc can bang nhau. Ta goi S.ABCD la hinh chép ti giac déu.

®@ Hinh chép déu la hinh chép céc mit day 1la mot da gidc déu, cac mit bén 1a nhing tam gic
can bang nhau c¢6 chung dinh (la dinh ctia hinh chép).

B3, HINH CHOP BEU VA HINH CHOP CUT BEU
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® Trong hinh chép déu S.ABCD:

—— Chan duong cao H la tam ctia duong tron di qua cac dinh ciia mét day.

— Duong cao vé tit dinh S ctia mdi mit bén ctia hinh chép déu dude goi 1a trung doan clia
hinh chép do.

3. Hinh chép cut déu

© Cat hinh chép déu bang mot mit phang song song véi day. Phan hinh chép ndm gitta mat
phéng dé va mat phang day ciia hinh chép goi 1a hinh chép cut déu.

® MBai mit bén ctia hinh chép cut déu 13 mot hinh thang can.

4. Dién tich xung quanh ctia hinh chép déu

@ Dien tich xung quanh ctia hinh chép déu bang tich clia nita chu vi ddy véi trung doan.

Cong thic: Sy, =p-d
(p 1a ntta chu vi day; d 1a trung doan ctia hinh chép déu).

® Dién tich toan phan ctia hinh chép bing tong ctia dién tich xung quanh va dién tich day.

5. Thé tich ctia hinh chép déu

. X 1 \
© Cong thic tinh the tich ctia hinh chép déu: V = §S h (S la dien tich day; h la chiéu cao)

Q BAI TAP

4> Bai 1. Cho hinh chép tam giac déu A.BC'D. Goi H la trung diém ctia C'D. Chitng minh

a) C'D vuong goc v6i mp(AH B).

b) AC L BD, AD 1 BC.

B3. HINH cHOP bEu VA HINH cHOp cuT pEu [IEEI
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[

49 Bai 2. Cho hinh chop tit gidac déu S.ABCD. Goi O la giao diém ciia AC va BD. Chiing minh

a) SO vuong goc véi mp(ABCD).

b) mp(SAC) vudng géc v6i mp(SBD).

e — |
[ \\

¢S Bai 3. Cho hinh chép tit gide déu S.ABCD c6 AB = 2cm, SA = 4cm. Tinh do dai trung
doan va chiéu cao ctia hinh chép déu nay.

\ e
—

¢S Bai 4. Cho hinh chép tam gidc déu S.ABC c¢6 AB = 3cm, canh bén SA = 4cm. Tinh chiéu
cao cua hinh chép.

_ |

[— AN
¢S Bai 5. Mot hinh chép déu c¢6 10 canh. Hoi day ciia hinh chép do 1a da giac déu nao?

— |

|— AN

9 Bai 6. Mot hinh chop cut tit giac déu c6 day 16n canh bang 12cm, day bé canh biang 8cm va
canh bén bang v/13cm. Tinh do dai trung doan va chiéu cao ctia hinh chép cut do.

\ e
—

Se ) a . S N
&S Bai 7. Cho hinh chép tit gide deu c6 dién tich xung quanh bang 3 dién tich toan phan. Ching

minh rang cac mat bén ctia hinh chép 1a cac tam gidc vuong can.
e
N

> Bai 8. Tinh dien tich toan phan ctia hinh chép tit gidgc déu S.ABCD biét BD = 12v/2cm,
SC = 10cm.

$SBai 9. Tinh dién tich toan phan cta hinh chép tam gidc déu biét canh diy bang 10cm va
canh bén bang 13cm.

- |
[ — \\
> Bai 10. Tinh dién tich toan phan ctia hinh chép tam gide déu biét chiéu cao bing v/13cm v
canh bén bang 5cm.

e ————
[— N\

.. R .2 R
¢S Bai 11, Cho hinh chép t1i gidc déu c6 dién tich xung quanh bang 3 dién tich toan phan. Tinh
dien tich xung quanh ctia hinh chép biét canh ben +/5em.

\ e
—

¢S Bai 12. Tinh dien tich toan phan ctia hinh chép ti gidc déu biét chiéu cao biang v/28cm va
canh bén bang 10cm.

e
[—— N\
> Bai 13. Tinh thé tich ctia hinh chép tam gide déu biét chiéu cao bang v/12cm va canh bén
bang 4cm.
N\ e —

B2 = HiNH CHOP BEU VA HINH CHOP CyT BEU
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B e ON TAP CHUONG 4
_

°
a BAI TAP
\
¢S Bai 1. Cho mot hinh hinh hop chi nhat ABCD.A'B'C'D’.
a) Nhitng cip mit phang nao song song véi nhau?
b) Mit phang (ABC D) vuéng goc v6i nhitng mat phang nao?
N\ e
¢S Bai 2. Cho hinh hop chit nhat ABCD.A'B'C'D’.
a) Tim duong thing chung (giao tuyén) ctia hai mat phing mp(ABCD) va mp(ADD'A).
b) Goi M, N lan lugt la trung diém ctia AB, AD. Chiing minh M N song song véi cic mat
phéng (BB'D'D) va (A'B'C'D').
c¢) Goi O, O 1an lugt la tam ctia cadc mit day. Chitng minh ring: cac mat phang (ACC’A’) va
(BDD'B') cat nhau theo giao tuyén O0O’. Suy ra OO’ song song véi cadc mit ben.
[——— N\
¢ Bai 3. Cho hinh lap phuong ABCD.A'B'C'D'.
a) Dudng thang A’B’ song song véi nhitng mit phang nao?
b) Dudng thing AC c6 song song v6i mat phing (A’B’C’) khong?
- |
[ —
9 Bai 4. Ngudi ta xay mot bon chita dang hinh hop chit nhat c6 chiéu dai, chiéu rong, chiéu cao
lan Iugt 1a 5 m, 1 m, 2 m. Biét ring bon chi xay hai vach va moi vach c6 do day 1 dm nhu hinh
vé. Tinh xem bon chita day nuéec thi duge bao nhiéu lit nuée.
I
Y] y
e
[——
$9 Bai 5. Cho hinh ling ding tam gidc ABCA'B'C’ ¢6 AC = /48, BC = 3, A'B’ = /39. Chiing
minh céc tam gidc A’BC, A’B'C;, ABC’ la nhiing tam giac vuong.
N\ e

il B4 ONTAP cHuonG 4 [
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4> Bai 6. Tinh dién tich toan phan (tong dién tich cdc mat) va thé tich ctia hinh sau

5 cm

N\
—

¢ Bai 7. Cho hinh lang tru ding tam gidc ABC.A'B'C" c6 day ABC 1a tam giadc vuong va ABC’
14 mot tam gidc déu canh 4 cm. Tinh dién tich xung quanh ctia hinh lang try.

— N
S Bai 8. Tinh thé tich hinh chép ti gidc déu c6 do dai canh day bang 4 cm va do dai canh ben
bang /24 cm.

[ —

> Bai 9. Tinh thé tich hinh chop tit gide déu cé trung doan bing 5 cm va dién tich xung quanh
bang 80 cm?.

N\ e
[—

4> Bai 10. Tinh thé tich hinh chép ti giac déu c6 dién tich xung quanh bing 80 cm? va dién
tich toan phan bang 144 cm?.

[— N\
¢S Bai 11. Cho hinh chép tit gide déu S.ABCD c6 cac canh déu bang a. Goi M, N, P, @ lan
lugt 1a trung diém ctia SA, SB, SC, SD. Tinh thé tich ctia hinh chép cut déu ABCD.MN PQ
theo a.

Lai gidi.

S
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Céach 1. Ta c6 AC = a/2. Suy ra OC = a4 2.
2
2 2
Xét tam giac SOC vuong tai O ¢6 SO =/ SC? — 0C? = \/a2 — <a\2/_> = a\2/_.
1 1 3V/2
Ta co VSABCD—§ SO SABCD— 3 CL\2/_ 2 = a(;/_.

Dé thay M N PQ 1a hinh vuong. Goi I 13 tam ctia hinh vuong M N PQ).

BC
Ta c¢6 NP la dusng trung binh ciia ASBC nén NP = _—

2 2
Mait khac, vi MP /| AC va P la trung diém ctia SC nén I trung diém ciia SO.
SO 2
Suy ra SI = - aZ—.
1 1 a\/_ a\?  a’y/?2
Do d6 V —-.51-5 = (_> - .
0 dO Vs MNPQ = 3 MNPQ = 3 4 9 48

Vay thé tich hinh chép cut déu ABCD.MN PQ 1a
a2 a2 _ Ta®\/2

Vasep.mnrg = Vsapep — Vsunrg =

6 48 48
2
Cach 2. Ta ciing tinh duge SO = %— SI=0I = 520 %.
Ap dung cong thic tinh thé tich hinh chép cut déu, ta c6
1 1 2 2 Ta?
Vasep.mnpg = §~OI (BC'2+BC' NP+NP2) = 3 azl/_ (a2—i—a %—FQZ) a4§/_

B4 ONTAP cHuonG 4 [
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Bai e MOT SO BAI TOAN THU'C TE
_

N\
$SBai 1. Mot ctta hang dién may c6 mot cai tivi ton kho da lau ma chua ban duge. Cita hang
da gidm gia hai lan, mdi lan gidm 20% so véi gid dang ban. Sau hai 1an gidm gia d6 thi gia con
lai 14 4200000 dong. Héi gia ban dau clia céi tivi 1a bao nhiéu?

\ e
—

¢S Bai 2. Mot co gai thyc hien mot chuong trinh gidm can nghiém ngit theo ké hoach 13 moéi
tuan giam 10% khoi lugng so v6i tuan trude d6. Hoi sau 4 tuan, gid sit ké hoach ctlia co gai thanh
cong, thi ¢ giam dugc bao nhieu phan tram khéi luong co thé so véi khoi luong thoi diém ngay
trude khi bat dau chuong trinh gidm can?

[ —

&> Bai 3. Mot san pham dude niem yét véi gia cao hon 20% so véi gia nhap vao, nhung ban ra
chi v6i gia bang 80% gia niem yét. Khoan 16 (tiic chénh lech gitta gid nhap vao va gia ban cla
san pham) 1a 300000 dong. Héi gia nhap vao clia san pham dé 1 bao nhieu?

N\ ——

49 Bai 4. Mic quy dinh st dung nude cho méi nhan khau trong mot ho gia dinh 1a 4 m?/thang.
Gia 1 m?® nudc 1a 6000 dong. Néu vugt dinh mic thi méi m?® vugt dinh mic phéi trd gap doi gia
tién trong dinh mic. Tinh s6 tién nudc phai tra clia mot ho gia dinh ¢6 6 nhan khau va st dung
32 m?® nudc trong thang.

> Bai 5. Ky niem 15 nam ngay thanh lap trusng THPT Chuyén Tran Dai Nghia, t6 Thé duc
clia truong to chitc Giai Béng da hoc sinh PTTH va c6 16 16p dang ky tham gia da theo 3 vong.
Cach thitc thi dau nhu sau:

@ Vong bang: 16 doi dugc chia déu vao 4 bang A, B, C, D. Méi doi trong cling mot bang
gap nhau mot lan va gap tat cd cac doi co trong bang (vi du: trong bang A doi thit nhat
phai thi dau v6i 3 doi con lai). Khi xép hang trong bang, néu c6 hai doi bang diém thi tinh
dén cac chi s6 phu dé xac dinh doi Nhat bang.

® Vong ban két (dau loai truc tiép): doi nhat bang A gip doi nhat bang C; doi nhat
bang B gip doi nhat bang D.

©@ Vong chung két: hai doi thua trong vong ban két tranh Giai 3; hai doi thang trong vong
ban két tranh gidi Nhat:

Giai béng dudce t6 chitc vao cac ngay lien tiép, moi ngay 4 tran. Héi ban t6 chitc can mugn san
van dong trong bao nhiéu ngay?

e
[—— N\
¢S Bai 6. Mot hang taxi dinh gia tién cho thue xe 1a 6000 dong/km cho 10 km dau tién va 2500
dong/km cho cac km tiép theo; hodac 3500 dong cho méi km trén ca quang duong. Vay mot khach
hang mudén di z km thi phai chon phuong an nao dé sb tién phai tra la it nhat?

\ e

IR ms. Vo756 BAITOAN THYC TE
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[—

¢S Bai 7. Mot vé xem phim c6 gid 60000 dong. Biét rang khi c6 dot gidm gia vé, sd lugt nguoi
xem tang lén 50% dan dén doanh thu ctia rap phim mdi ngay tang thém 25%. Hoi gia vé khi
duge giam 1a bao nhiéu?

> Bai 8. Khi ky hgp dong dai han 10 nam véi cac ki su duge tuyén dung, cong ty lien doanh
A dé xuat hai phuong an tra luong dé ngusi lao dong chon, cu thé la

® Phuong an 1: ngudi lao dong sé nhan 36 trieu dong cho nam lam viéc dau tien va ké tit
nam thit hai, mic luong sé duge ting thém 3 trieu dong mdi nam.

® Phuong an 2: ngudi lao dong sé nhan duge nhan 4 trieu dong/thang cho nam dau tién va
ké tit nam lam viéc thit hai miic luong sé ting them 500000 dong mdi nam.

Trong hai phuong an, phuong an nao thi ngusi ki su nhan duge tong s6 tién luong cao hon?

¢S Bai 9. Ba hoc sinh A, B, C di da ngoai va viéng tham thanh phé no. Tai day c6 mot hieu
banh pizza rat noi tiéng va ba ban 1 nhau vao quan dé thudng thiic loai banh dac san nay. Khi
banh dugc dua ra, A von hau dn nén da &n hét nita cii banh. Sau d6 B #n hét nita ctia phan
banh con lai, C lai &n hét nita ctia phan banh con lai tiép theo. Trong qua trinh an thi A luon
ngé chimg dé chira lai mot nita cho B va C va ¢t thé ba ban an cho dén lugt thi 3 thi s6 banh
con lai ban A #n hét. Biét banh pizza nang 700 g va gia 70000 dong. Héi ba ban phai gop tien
nhu thé nao dé cho cong biang? (Tinh cu thé méi ban gép bao nhiéu tién)

—

9 Bai 10. Ba hoc sinh A, B, C di da ngoai va viéng tham thanh phd no. Tai day c6 mot hieu
banh pizza rat noi tiéng va ba ban 1 nhau vao quan dé thudng thic loai banh dac san nay. Khi
banh duge dua ra, A von hau an nén da an hét nita cai banh. Sau d6 B an hét nita clia phan
banh con lai, C lai &n hét nita ctia phan banh con lai tiép theo. Trong qua trinh an thi A luon
ngé chig dé chita lai mot nita cho B va C va cit thé ba ban an cho dén lugt thit 3 thi sé6 banh
con lai ban A an hét. Biét banh pizza nang 700g va gia 70.000d. H6i ba ban phai gop tién nhu
thé nao dé cho cong bang? (Tinh cy thé méi ban gép bao nhiéu tién).

[—

¢S Bai 11. Mot nguoi dang phan van xem c6 nén tam dimg niém dam mé clia minh véi cong
viec hién tai dé chuyén han sang kinh doanh do udng la tra sita hay khong. Udc tinh néu gia 1
ly tra sita 1a 20 ngan dong thi trung binh hang thang c6 khoang 1000 lugt khach téi uéng nuée
tai quan, trung binh méi khach lai tra thém 10 ngan dong tién banh trang tron dé an kem. Nay,
ngudi ndy muodn tang gia moi ly tra sita thém 1 ngan dong thi méi thang sé mat khoang 20 khach
tit tong s6 khach trung binh. Hoi gid 1 ly tra sita nén la bao nhieu dé tong thu nhap (tong thu
chua trit von) 16n nhat?

¢S Bai 12. Nguoi ta mudn rao quanh mot khu dat v6i mot s6 vat lieu cho trude 180 mét hang
rao. O do ngudi ta tan dung mot bd giau thing c¢é sin dé lam mot canh clia hang rao va rao
thanh manh dat hinh ch® nhat. Héi manh dat hinh chi nhat dudc rao c¢6 dién tich 16n nhat co6
thé bing bao nhicu? Gia st ring khu dat rat rong va bd giau rat dai.

B5. MoTsd BAITOANTHUC TE [N



B GV Phom Binh Quang - ®0337.820.847 [N

¢S Bai 13. Khi nuoi ca thi nghiém trong ho, mot nha sinh vat hoc thiy réang néu trén moi
don vi dién tich ctia mat hd c6 n con ca thi trung binh mdi con ca sau mot vu can nang
P(n) = 480 — 20n(g). Hoi phai tha bao nhieu con ca trén mot don vi dién tich cia mat hd dé
sau mot vu thu hoach dugc nhieéu ca nhat?

9 Bai 14. Mot doanh nghiép tu nhan A chuyén kinh doanh xe gdn may cac loai. Hién nay,
doanh nghiép dang tap trung chién luge vao kinh doanh xe Honda Future Fi véi chi phi mua vao
mot chiée 1 27 trieu dong va ban véi gia 32 trieu dong moi chiée. Véi gia ban nay thi so lugng
xe ma khach hang sé mua trong mot nam 1a 600 chiéc. Nhdm muc tiéu day manh hon nita luong
tieu thu dong xe dang &n khach nay, doanh nghiép du dinh giam gia ban va uéc tinh réang néu
giam di 1 trieu dong mdi chiéc thi s6 lugng xe ban ra trong mot nam sé ting them 200 chiéc.
Vay doanh nghiép can dinh gia ban méi la bao nhiéu dé lgi nhuan thu duge trong mot nam sé 1a
cao nhat?

| —- \\
> Bai 15. Trong mot mila giai boéng 16, trong tran dau thit 6, 7, 8 va 9, mot cau thi ghi duge
23, 14, 11 va 20 diém theo thi tu. Diém trung binh ctia anh trong mdi tran sau khi dau 9 tran
thi cao hon sau khi dau 5 tran. Néu diém trung binh ctia anh sau 10 tran 1én hon 18 thi s6 diém
nhd nhat anh ta c6 thé dat duge trong tran thi 10 14 bao nhieu?

&> Bai 16. Dé thiét ké mot chiéc bé ca hinh hop chi nhat cé chiéu cao la 60 cm, thé tich
96000cm?®, nguoi the ding loai kinh dé sit dung lam mat bén c6 gia thanh 70000 dong/m? va loai
kinh dé lam mat ddy c6 gia thanh 100000 dong/m?. Tinh chi phi thap nhat dé mua kinh lam
mot bé ca nhu vay. (Thé tich ctia hinh hop chit nhat c6 chiéu dai @ cm, chiéu rong b cm, chiéu
cao ¢ cm 1a abc cm?)

&> Bai 17. Mot bai kiém tra gom c6 hai phan, phan mot chiém 60% tong s6 diém va phan hai
chiém 40% tong s6 diém. Néu mot hoc sinh dat 95% s6 diém ctia phan mot thi hoc sinh d6 can
lam dugc it nhat bao nhiéu phan tram sb6 diém ctia phan hai dé tong s6 diém ciia ca bai kiém
tra dat tu 90% tré len?

[— \\

¢S Bai 18. Mot cong ty bat dong san c¢6 150 can ho cho thué, biét rang néu cho thué méi can
ho véi gia 2 trieu dong mot thang thi moi cin ho déu c6 nguoi thué va cit mdi lan tang gia cho
thué méi can ho them 100000 dong mdi thang thi c6 them 5 cin ho bi bd trong. Héi mudn co
thu nhap cao nhat, cong ty d6 phai cho thué méi can ho bao nhiéu dong mot thang?

> Bai 19. Ban chi huy lien doi truong THPT chuyéen Tran Dai Nghia du dinh t6 chiic mot budi
biéu dién ca nhac gay quy tit thien dé iing ho cac ban thiéu nhi c6 hoan canh kinh té gia dinh
khé khan. Biét chi phi cho trang tri san khau va am thanh la 8 trieu dong, tién in méi 10 vé 1a
1 ngan dong, céac chi phi khac 1a 1 trieu dong. Dy tinh gia vé 1a 20 ngan dong. Héi dé dat dude
muc tiéu tién 1ai (tic phan tién con lai sau khi da trir di tat cd cdc khoan chi phi) 1a 10 tri¢u
dong, ban to chitc can ban duge it nhat bao nhieu vé?

B =5 vio7 5O BAITOAN THYC TE
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[—

¢S Bai 20. Cho manh dat hinh chit nhat ABCD c¢6 chiéu dai BC' = 18m va chiéu rong AB = 5m.
Do quy hoach, ngudi ta can giam chiéu dai va tang chiéu rong lén cling mot s6 x mét. Tim x dé
dien tich manh dat lac sau FBHG c¢6 dién tich 16n nhat.

[— N\
¢S Bai 21. Mot chiée ti vi 75 inch ¢6 ti 1é man hinh 13 3 : 4. H6i chiée ti vi ay c¢6 chiéu rong la
bao nhiéu cm biét 1 inch = 2,54 cm. (két qua lam tron dén hai chit s6 thap phan).

<O Bai 28.

Dé do chidu rong ctia dong song (xem hai bo song 1a hai duong
thang song song) 1a khodng céch giita cay D va coc B, ngudi
ta bo tri cic coc A, B, C' nhu hinh vé sao cho cay D, coc B
va coc C thang hang; cay E, coc A va coc C thing hang.

a) Viéc kiém tra tinh thing hang nhu trén dua vao kién
thite Vat 1i nao da hoc?

b) Biét khodng cach giita 2 cay la 50 m; gitta 2 coc A va
B 1a 13 m; gifta 2 coc B va C' 13 9 m. Tinh chiéu rong c
dong song? (Lam tron dén hang phan tram)

e

[——

<O Bai 29.

Mot ngudsi tho moc thiét ké rieng mot cai thang ngan cho mot gia 36 cm

dinh dé tien st dung (vi thang ban sin qua lén va nang, khong A B

thuan tién trong viéc di chuyén trong nha). Biét thang tong cong o 5

c6 5 thanh dit song song véi nhau gom: AB, CD, EF, GH, 1.J; / \

F

thanh dau tién 14 36 cm va chiéu dai clia thanh cudi cuing 14 56 cm.
Hoi 3 thanh thang con lai dai bao nhiéu cm? G /

I
/ 56 cm

khodng cach giita cidc thanh thang bang nhau va chiéu dai clia E /

[——
¢S Bai 30. Mot cay tre cao 10 m bi gié bdo lam giy ngang than, ngon cay cham dat cach goc
6 m. Héi diém giy cach gbc bao nhieu?

B5. MoTsd BAITOANTHUC TE [N



a B GV Pham Dinh Quang - 8 0337.820.847

10 m

> |

- -4

$SBai 31. Mot cau lac bo toan c6 15 ban, thuoc cac khéi 16p 7, 8 va 9. Tat ca cic thanh vién
cia cau lac bo da gép 70 quyén sach cho thu vién nha trusng. Biét ring mdi ban 16p 7 goép 1
quyén, mdi ban 16p 8 gép 4 quyéen va mdi ban 16p 9 gép 6 quyen. Tim s6 hoc sinh ciia ting khoi
16p trong cau lac bd.

\ e
—

&> Bai 32. Ngusi ta tron 8 g chat léng A v6i 6 g chat 1ong B dé duge hdn hgp c6 khéi luong
rieng 0,7 g/cm?. Tim khéi lugng riéng ctia moi chat 16ng, biét khoi lugng rieng ctia chat 1ong A
16n hon khéi lugng rieng ctia chat 16ng B 1a 0,2 g/cm?.

e
[— AN
¢S Bai 33. C6 hai qua cau dong chat, dac, nhung kich thuéc khac nhau. Qua cau thi nhat co
dién tich bé mat ngoai 1a 150 cm?; qua cau thit hai ¢6 dién tich bé mit ngoai 1a 337,5 cm?. Biét
rang qua cau thi hai nang 486 gam. Tinh khéi lugng clia qua cau thit nhat.

\ e

¢S Bai 34. Ban Bong cat dan mot hinh theo nhiéu buée sau
@ Budc thit nhat, ban cit mot hinh vuong.

@ Buéc thit hai, ban cit 4 hinh vuong c6 canh bang mot nita canh hinh vuong 6 buéc thi
nhat vd dan vao 4 dinh ctia hinh vuong ci.

@ Buéc thit ba, ban lai cit cac hinh vuong c6 canh bang mot nita canh hinh vuong 6 buée
thit hai, v& dan vao cac dinh con trong ctia nhitng hinh vuong duge dan 6 bude hai.

@ Va cit thé tiép tuc.

B5. MOT SO BAI TOAN THYC TE
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oo

Budée 1 Budée 2

Gia st dén budc thi 3, dién tich ciia tat ca cac hinh vuong 1a 176 cm?.
a) Hoi hinh vuong ¢ bude thit nhat c6 canh 1a bao nhieu?

b) Dién tich ctia tat ca cac hinh vuong ¢ bude thit 4 1a bao nhiéu?

[—

9 Bai 35. Cha me ban An dy dinh 18p mot may diéu hoa cho phong cia ban An nhung khong
biét nén 1ap mat cong suat bao nhiéu. Cha me ban tim dugc thong tin trén internet vé cong suat
cua cac loai may lanh theo bang sau

Céng suat Gia dinh Cafe/Nha hang | Khach san Van phong
1 HP 45 m3 30 m? 35 m? 45 m?
1,5 HP 60 m? 45 m? 55 m? 60 m?
2 HP 80 m? 60 m? 70 m3 80 m?
2,5 HP 120 m? 80 m? 100 m3 45 m?

Trong dé thé tich la thé tich t6i da ctia phong. Ban An do phong ban An thi thay chic¢u dai la 5
m, chiéu rong 4 m va chiéu cao 1a 2,5 m. Xem phong ban An 13 mot hinh hop chit nhat, hoi cha
me ban An nén lip may diéu hoa bao nhieu HP?

— |
| —
<O Bai 36.
Mot hinh hop chit nhat c6 cac kich thuéec nhu |
hinh vé bén. Dé xép kin hinh hop chit nhat ¢ |
cac kich thude chieu dai 8 cm, chiéu rong 6 cm, ! 20 cm
chiéu cao 4 cm thi s6 hinh hop can phai c6 1a bao 1
nhiéu? L ______________________
30 cm
40 cm
— |
[ —

a) Hoéi bé c¢6 thé chita bao nhieu it dau?

b) Hién bé dang chita 1600 lit dau. Tinh chiéu cao myc dau trong bé?

& Bai 37. Ngudi ta xay mot cai bé chia dau hinh hop chit nhat, biét long bé c6 kich thude la
chiéu dai 2 m, chiéu rong 0,8 m va chiéu cao 1,5 m.

B5. MoTsd BAITOANTHUC TE [T
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[
5 Bai 38. Nha ban An c¢6 mot bé chita nuée hinh hop chit nhat c¢6 chiéu dai 2 m, chiéu rong
1,5 m va chiéu cao 1,5 m. Ba ban An bom nudc vao bé duge 3 chiéu cao bé thi c6 chuyén nén

nhd ban An khi nao nuée day bé thi tit may bom. Biét may bom mdi phit thi duge 20 lit nude.
Ban An dang hoc bai nén ban da tinh thoi gian tit lic ba ban di dén ldc nuée day bé dé ra tat
may bom. Hoi ban da tinh duge thoi gian la bao nhiéu?

|

5 Bai 39. Mot cai hop hinh hop chit nhat khong ndp dude lam tit mot manh bia ciing. Hop c6
day 1a hinh vuoéng canh x cm, chiéu cao 14 h cm va c6 thé tich 1a 500 cm?®. Hay tim do dai canh
ctia hinh vuong sao cho chiéc hop duge lam ra it ton nhién lieu nhat.

5 Bai 40. Cho hinh thang vuong ABCD vuong tai A va D. Biét rang AD = 8 cm; AB = 4 cm;
CD = 10 cm. X4c dinh vi trf clia diém M trén dudng thang AD sao cho gia tri |[M B — MC| 1a
16n nhat; tinh gia tri nay.

N\

<O Bai 41.
Cho mot hop giay ABCD.A'B'C' D’ ¢6 dang hinh B c
hop chit nhat (hinh c¢6 6 mét 1a hinh ch@ nhat)

nhu hinh bén; véi cac do dai AB=2cm; BC =4 A

cm; AA’ =5 cm. Mot con kién bd tir didm A’, bo S B S
theo 4 mat bén trén hinh hop dé léen A (nghia la !

con kién xudt phéat tit 4A’, bdo dén mot diém nao e B 1 o
d6 trén canh DD, 1di tit d6 bo dén mot diém trén T
canh CC’, rdi dén mot diém trén canh BB, va bo .z
dén A). Tinh do dai quang duong bo ngédn nhat A’ D’
ctia con kién.

B ms. Vo7 5O BAITOAN THYC TE
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DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2012 - 2013 - Moén: Toan 8
Thoi gian lam bai: 45 phut

[— \\
> Bai 1. (6 diém) Giai cac phuong trinh sau:
a) (x> +1)2 - (3—12%)? =24.
=90 H=4 s = 47 97
) (22 ) (1--%) o
) x+3 m—|—2+:v2—|—5x—|—6 x—1 0
o) 7 +1_x—2+x+2
2013~ © 2011 2015
[ — \\
> Bai 2. (4 diém) Cho AABC c6 trung tuyén AD (D € BC) va phan gi4c trong BE (E € AC).
Duong thang qua E va song song v6i AD lan lugt cat BC va AB tai M va N.
a) Ching minh raing: MN - BD = BM - AD.
. MN ME _
b) Ching minh rang: D + D 2
... BC MC
¢) Ching minh rang: BA= MD
. . IB BC
d) AD cat BE tai I. Chn inh rang: — — — = 1.
) ci ai tng minh rang: — — 7
e
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DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2013 - 2014 - Moén: Toan 8
Thoi gian lam bai: 45 phut

[— \\

> Bai 1. (6 diém) Giai cac phuong trinh sau:
a) (z—2)(z*+2z+4) =x(z—3)(z+3).
b) (922 — 25)% = 4(3z — 5)2.

z? — 5z r+1 1

22 —6x4+5 x-—3 2

c)

N\
—

$>Bai 2. (4 diém) Cho AABC (6 > 90°), ¢6 dudng phan gidc AD. Vé AE, CF, BN vuong
goc voi tia AD (F, N thuoc tia AD va E thuoc dudng thang BC). Tia EF cit canh AB tai [
va cat tia NB tai M. Chiing minh réng:
) AB_ BN
¥ AC T FC

<L I e ) . EB AB
b) AFE la tia phan giac ngoai tai A cia AABC. Tu d6 suy ra 50 - Ac
¢) B la trung diém ctia M N.

d) ID J FC.




B GV Pham Dinh Quang - 8 0337.820.847

DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2014 - 2015 - Moén: Toan 8
Thoi gian lam bai: 45 phut

[— \\
> Bai 1. (6 diém) Giai cac phuong trinh sau:
a) (x—2)2—-(3-22)2-2(x—-1)=0.
z+1 z4+2 x+3
b) Qg+ gt +3=0
c) 3 —27 = 2%(z — 3).
N\

$>Bai 2. (4 diém) Cho AABC vuong tai A. Lay D la diém tuy ¥ trén canh BC. Goi H la trung

diém BD. Ha DE vuong goc véi AC tai E. Duong trung tuyén CK ctia tam giac ABC cat AH,
AD, DE lan heot tai M, F, 1.

a) Ching minh: AD - KF = AF - KI.

b) Chitng minh: AD DI 1.

AF AK

2 . H M
¢) Goi G la diem doi xiing v6i M qua K. Chiing minh: ¢ ¢

CB CG’
d) Goi L la giao diém ctia BM va AC. Chitng minh: LH /| AB.
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DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2015 - 2016 - Moén: Toan 8
Thoi gian lam bai: 45 phut

— N
> Bai 1. Giai cac phuong trinh sau

) x+1+x+2+m—|—14
a
2015 2014 2002

b) (7x —9) (2 — 2z + 4) = (Tx — 9)(6z — 12).

1 2
r—1 x-—2

+3=0.

=_2.

c)

[— AN
&> Bai 2. Tim s6 tu nhién c6 hai chit s6, biét ring tong hai chit s6 14 12 vi néu doi chd hai chit

s6 cho nhau thi thu dudc s6 méi 16n hon s6 ban dau 1a 36.
— |

[— \\
¢ Bai 3. Cho tam gidc ABC' c¢6 duong trung tuyén AM va M D la duong phan gidc trong clia
tam giac AMB. Tt D ké duong théng song song véi BC cat AC tai E.

. .. DA MA
a) Chuing minh DB = M
b) Vé tia Cx song song véi AM cit duong thang MFE tai I. Chiing minh ring FA - IC =

AM - EC.
¢) Ching minh ring tam giac ICM can tai C va MFE la tia phan giac ctia goc AMC.

d) Duong thang qua A va song song véi BC lan lugt cit cac dusng thang M D, ME tai H
va J. Chitng minh rang HJ = 2AM.

N\ e
[—

> Bai 4. Mot cong ty can van chuyén mot 16 hang héa gom 7 thiing hang A va 5 thiing hang B
bang cac xe chuyén dung. Héi cong ty nay can sit dung it nhat bao nhiéu chiée xe chuyén dung
dé van chuyén hét 16 hang hoéa d6 ciing mot lic? Biét rang mdi thiing hang A nang 300 kg, méi
thiing hang B ning 450 kg va mdi xe chuyén dung chi ché duge t6i da 1 tan hang hoa.




BGV Phom Binh Quang - ®0337.820.847 [N

DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2016 - 2017 - Moén: Toan 8
Thoi gian lam bai: 45 phut

— N
$>Bai 1. Giai cac phuong trinh sau
20 —3  3r—2
) ”“"2 + x3 ~0. b) (22 + 1)(z — 5)2 = (2z + 1)(2z + 3)2.
x—2_:5-|—2__24
zt+2 z—-2 5

c)

| —

¢S Bai 2. Mot doi cong nhan 1ap ké hoach may mot s6 chiéc 4o, theo d6 mdi ngay doi phai may
xong 40 chiéc 40. Nhung khi thuyc hién, doi da may dugce 50 chiéc 40 mdi ngay. Do d6, doi khong
nhitng da hoan thanh ké hoach truéc thoi han 1 ngay ma con may thém duge 10 chiée 4o nita.
Tim s6 chiéc 40 ma doi phai may theo ké hoach da dinh.

¢ Bai 3. Cho AABC ¢6 3 goc déu nhon (AB < AC) , AH 1a dudng cao. Trén 2 canh AB |, AC
lan lugt 1ay 2 diém E, F ( E khac A, B ) sao cho HA la tia phan gidc cia EHF va EH khong
song song v6i AC. Dudng thing FF cit cac duong thing AH, BC lan lugt tai G va K.

a) Ching minh: GE-HF = GF -HE
b) Trén tia ddi clia tia HF lay diém I sao cho HI = HE. Chitng minh réng: EI /| AH.
¢) Ching minh ring: HK la tia phan gidc ctia goc FHI.

d) Duong thing qua E song song véi AC cit AK, AH lan lugt tai M va N. Chiing minh
rang: F 1a trung diém ctia M N.

\ ——
I

9 Bai 4. Ban Nam gi6i thieu cho cac ban trong 16p hai quyén sach toan hay, bao gom mot quyén
Dai s6 va mot quyén Hinh hoc. Ngoai ra néu cac ban muén mua thi Nam sé mua gitim céc ban.
Quyén Dai s6 c6 gia 30 000 dong, quyén Hinh hoc c6 gia 37 000 dong. Mot s6 ban trong 16p dang
ki mua c& hai quyén sach, mot s6 ban khéc chi dang ki mua mot quyén. Sau khi dang ki, cac ban
glii cho Nam s6 tién vita dii dé mua sach. Tong s6 tién Nam nhan dudc tit cac ban 1a 1 592 000
dong. Khi vé nha, do so suat nén Nam da lam mét to gidy ghi lai s6 luong timg quyén sach can
mua. Trong tinh huéng nay, em hay xac dinh gitip Nam s6 luong timg quyén sich ma Nam can

mua.
\ e
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DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2017 - 2018 - Moén: Toan 8
Thoi gian lam bai: 45 phut

[ — \\

$>Bai 1. Giai cac phuong trinh sau

) 201 -2 _3x-5 ¢) B3 +8—2(x+2)7=0
5 3 15
’ 2 4 3411
b) (2—2)(@+1) = (z—2)(3z+5). ) e 1 T 3 #Erom 3
e
P N

¢S Bai 2. Gidi bai toan sau bang cach lap phuong trinh:

Hai kho gao c6 tong cong la 240 tan gao. Néu chuyén 60 tan gao tit kho thit nhat sang kho thit
hai thi s6 gao ¢ kho thit hai gap 5 lan s6 gao & kho tht nhat. H6i ban dau méi kho c¢6 bao nhiéu
tan gao?

4> Badi 3. Cho hinh thang ABCD (AB [/ CD) ¢c6 AB < CD va N la trung diém ctia CD. Goi [
la giao diém ctia AD va BC, O la giao diém ctia IN va AB

a) Chung minh /O- ND = OA-IN.
b) Chitng minh O la trung diém ctia AB.

c¢) Trén duong thing CD lay diém E sao cho I D la tia phan giac clia EIN. Tren IC lay diém
1 1 2

K sao cho NK J/ IE. Chitng minh rang NE NI-IE

d) Goi M la giao diém ctia IN va BD. Chitng minh A, M, C thang hang.

[——

¢S Bai 4. Nhan dip Tét nguyén dan Mau Tuat nam 2018, ban An can phai thiét ké bay tam bia
hinh chi nhat bang nhau va ghép ching lai trén bang tin 16p ciing 13 hinh chit nhat nhu hinh vé
c6 chu vi 9,5 m. Em hay gitp ban An tim lai chiéu dai, chiéu rong clia mdi tam bia.
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DE KIEM TRA GIUA HOC KY 1I
Nam hoc 2018 - 2019 - Moén: Toan 8
Thoi gian lam bai: 90 phut

[ — \\

> Bai 1. Giai cac phuong trinh sau

a) br —3=2(x + 3). c) 2 —4=3x+6
) d) 2x _ 3 z—3
N\ e —
I

¢S Bai 2. Gidi bai toan sau bang cach 1ap phuong trinh:

2 Z . 2 P2 < 4 3 2 £ . 2 1z N 2

O hoc ki I, s6 hoc sinh nam ctia 16p 8A chiém R tong so hoc sinh ca 16p. Sang hoc ki II, 16p 8A
c6 thém 4 ban nam chuyén vao, sé hoc sinh nit giit nguyén nén 6 hoc ki nay s6 hoc sinh nam ctia

A 0 .5 . N
16p chiem I tong so hoc sinh trong 16p. Hoi ban dau 16p 8A c¢6 bao nhiéu ban ni?

N

> Bai 3. Cho tam giac ABC' ¢6 ba goc nhon (AB < AC) va AF 1a tia phan giac cla BAC
(F € BC). Mot dudng thang d song song véi BC' cit cac doan thang AB, AF, AC lan lugt tai
M, E,N.

a) Chiing minh rang ME - AF = BF - AFE.

. ME NE
b) Ching minh rang BF - CF
c) Goi H la giao diém ctia BE, MF va K la giao diem ctia NF, CE. Chiing minh ring
HK /| BC.
R 5 4 5 . ., . N HI KJ
d) Dudng thang HK cat AB, AC lan lugt tai I, J. Ching minh rang 1B~ AC
- |
[—— N\

4> Bai 4. Chi Ut dy tinh dem tién vita dit mua 9 kg tdo dé biéu ba con dip Tét. Tuy nhien, khi
ra dén chg, chi méi biét rang gid tdo tang them 20000 dong/kg so véi gia du tinh. Do vay, chi

chi du tién mua 6 kg tdao. Hoi chi Ut mang theo bao nhieu tién mua tao?
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PE KIEM TRA HOC KY II
Nam hoc 2012 - 2013 - Mo6n: Toan 8
Thoi gian lam bai: 90 phit

— N
$>Bai 1. Giai cac phuong trinh sau
=&  A—dF

= -2 4.
a) 5 + 5 T+

1 2 a®—3x+7
r—2 x4+3 2241x—-6
c)4—-2|13—z|==

\ e
—

b)

¢ Bai 2. Giai va biéu dién tap nghiém trén truc s6 cac bat phuong trinh sau
a) (r+2)(2? —2x +4) > 23 — 2x.
r—2 43 _ x

> -+ 1.
b) x + - + 5 = 4+
[— N
¢ Bai 3. Chitng minh ring (r — 1) (x —3) (r —4)(z —6) > -9 Vzr e R
[— AN

¢S Bai 4. Cho tam giac ABC' c6 ba géc nhon, dudng cao BD, CE cit nhau tai H.
a) Chiing minh réng AE - AB = AD - AC.
b) Chitng minh ring tam giac ABC dong dang véi tam gidc ADFE

c) AH cat BC tai F. Vé FM, FN lan lugt vuong goc véi AB, AC, M € AB, N € AC.
Chiing minh rang M N /| ED.

d) MN cat CE tai K. Chting minh rang FK vuong goc véi EC.
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DE KIEM TRA HOC Ki II
Nam hoc: 2013 - 2014
Thoi gian lam bai: 90 phut

r— N\
¢ Bai 1. Giai cdc phuong trinh sau
2) x—10+m—20 :m—50+x—80.
1999 1989 1959 1929
z+2 z24+6x+5 x
x 22+ 2% I +2

b)

¢) |2z +3| =3z +2.

— |
|
> Bai 2. Giai cac bat phuong trinh sau va biéu dién tap nghiém trén truc sb
2 $(2$+3)>$_1 b 2z
o : < 2.
a) x > > — ) —
b e
| —
~ . L ” 2 1 2 5 4 _ 1
4> Bai 3. Tim gié tri 16n nhat clia biéu thic P = & 1) (25 8) -5
(22 4+ 1) (22 + 2z + 3)
I e
N

> Bai 4. Cho tam gidc ABC vuong tai A, c6 M la trung diém ctia BC. Trén nita mit phing bo
13 dudng thang AC va khong chita diém B, lay diém D (D khac A va C) sao cho AM = DM.

a) Chiing minh ABDC vuong tai D.
b) Goi I la giao diém ctia AC va BD. Ching minh [A-IC =ID - IB.
c¢) Ching minh AMB = 2ADB.

d) Dudng thing vuong goc véi BC tai B cit duong thing CD & T. Chitng minh ring
ANCDB ~ ACBT va Bl -BD+CI-CA=CD-CT.
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DE KIEM TRA HOC Ki II
Nam hoc: 2014 - 2015
Thoi gian lam bai: 90 phut

— N
> Bai 1. Giai cac phuong trinh sau
a) —23+ 222+ —-2=0.

b) z  2x+3) 2
7% — 1l r+1  x22-1

¢) 2|z +1| —3z=5.

— |
|—
& Bai 2. Giai cac bat phuong trinh sau va biéu dién tap nghiem trén truc sb
a) 3—|—£_2 <x_m—4+x+3
-5 3 2
b) (zx —1) (2> +3x+1) > (z — 1)(z + 1)(z + 2).
e
[— AN

S Bai 3. Tim gia tri nhoé nhat ctia bieu thic A = a* + 2b* — ab® — a®b + 2015 véi a,b € R. Dau
“=" xay ra khi va chi khi a = 0;6 = 0.

$5Bai 4. Cho AABC nhon, c6 cic dudng cao AD, BE, CF cat nhau tai H.
a) Ching minh ring AF - AC = AF - AB.
b) Chting minh réing AAEF «~ AABC.

c¢) Chiing minh rang EB la tia phan giac ctia FED.

d) Goi I la giao diém ctia AD va EF. Chting minh ring HI - AD = HD - Al
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DE KIEM TRA HOC Ki II
Nam hoc: 2015 - 2016
Thoi gian lam bai: 90 phut

[— \\
$>Bai 1. Giai cac phuong trinh sau
a) 3(z—2)=2(z—4). b) 922 — 1 = (3x — 1)(5x + 8).

r+3 36 _z-3
r—3 9—22 243

c)

d) 2|3z 41| — 6 =0.

— - |
[ \\
& Bai 2. Giai cac bat phuong trinh sau va biéu dién tap nghiém trén truc sb
6x+5 10x+3 20 4+ 1
— > 2 .
a) 5 1 > 2x +
b) Cho z, y duong théa man z + y = 3. Chiing minh rang 2%y < 4.
— |

¢S Bai 3. Mot 6 to di tit A dén B véi van toc 42km/h va di tit B vé A véi van toc 16n hon van
toc luc di 1a 6km/h. Tinh quang duong AB biét thoi gian ca di va vé mat 5h.

[—— \\

¢S Bai 4. Cho tam giac ABC vuong tai A, vé duong cao AH.
a) Chitng minh raing AABC «~ AHBA. Tt d6 suy ra AB?> = BH - BC.
b) Chiing minh ring AHAB «~ AHCA. Tt d6 suy ra AH?> = BH - CH.

c) Vé HD vuong goc AC tai D. Duong trung tuyén C'M cta tam gidc ABC cat HD tai N.

. : . HN CN -
Chtng minh rang B~ M va HN = DN.
d) Qua A vé dudng thing d song song v6i BC. Trén duong thing d lay diém E (E, C' nim
: AE AD -
trén cung nita mét phang bo AH) sao cho BC- D Goi I la giao diem cia AH va C'M.

Chiing minh ba diém B, E, I thing hang.




B GV Pham Dinh Quang — @ 0337.820.847

DE KIEM TRA HQC KY 2 (Phong gido duc quan 1)
Nam hoc 2016 — 2017 - Mon: toan 8
Thoi gian lam bai : 90 phit

[— \\
> Bai 1. Giai cac phuong trinh sau
2 _
a) 2(x—3)=6(x+1). ) iU-|-3+ 4”@ 3.
xr—3 9—22 x+43
3 1
b) sz —1= 28z 7). d) |2z — 4| +4 =2z
- |
[ —
<O Bai 2.
a) Giai bat phuong trinh sau va bicu dién tap nghiém trén truc sb
z—1 -2 . x—3
2 3 =T a1
b) Cho x, y théa man 8z + 9y = 48. Tim gia tri 16n nhat cia P = xy.
e
[——
$OBai 3. Gidi bai todn bang cach lap phuong trinh
Mot khu vuiton hinh chit nhat c¢6 chiéu dai hon chiéu rong 3 m. Néu tang chiéu dai them 3 m va
giam chiéu rong 4 m thi dién tich gidm 36 m? so véi dién tich ban dau ctia khu vuon. Tinh kich
thude ban dau ctia khu vuon.
e
[—— N\
¢S Bai 4. Cho tam giac nhon ABC, céc duong cao AD, BE, CF cit nhau tai H.
a) Chiing minh ring AABE «~ AACF. Tt d6 suy ra AF - AB = AE - AC.
b) Ching minh ring AAEF «~ ANABC.
c) V& DM vuong goc AC tai M. Goi K la giao diém ctia CH va DM. Chiing minh ring
cChD CM _ BH DK
= A = o
BD EM " EH MK
. . > OD4
d) Ching minh rang AH - AD+ CH -CF = ek
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B GV Pham Dinh Quang - 8 0337.820.847

DE KIEM TRA HQC KY 2 (Phong gido duc quan 1)
Nam hoc 2017 — 2018 - Mon: toan 8
Thoi gian lam bai : 90 phit

— N\
> Bai 1. Giai cac phuong trinh sau

T T T
13 742 @+D@+3)

\ e —
I

a) 3(2z —5) =4z — 1. b)

4> Bai 2. Giai bat phuong trinh sau va bic¢u dién tap nghiém trén truc sb

2x + 3 . 4—.10'
-4 — =3

N\
—

> Bai 3. Cho tam giac ABC can tai A ¢6 do dai AB = |2z — 1|, AC =5 —x cm va BC =9
cm. Tinh s6 do BCA.

[—— AN
S Bai 4. Mot xe Itta chay véi van toc 45 km/h. Xe ltta chui vao mot dudng ham c6 chieu dai
gap 9 lan chiéu dai clia xe lita va can 2 phit dé xe lita dé vao va ra khoi duong ham . Tinh chiéu
dai cua xe Iira.

[—
$> Bai 5.
Tinh chiéu rong AB ctia khic song (xem hinh vé&). Biét rang
ABC = ADE = 90°, BC = 40 m, BD = 30 m, DE = 60 m.

\
[—
¢S Bai 6. C6 hai thiing dau A va B, thung dau A chita gap doi thung dau B. Néu b6t 6 thing A
di 25% s6 lit dau hién c6 va thém vao thing B 10 lit nita thi s6 1it dau & hai thung bang nhau.
Ho6i ban dau mdi thiing chita bao nhiéu lit dau?

[— N\

9 Bai 7. Cho tam giac nhon ABC, vuong tai A, duong cao AH.
a) Chiing minh ring AABC «~ AHBA. Tt d6 suy ra AB?> = BH - BC.
b) Chitng minh ring AHAB ~ AHCA va AH? = BH - CH.

c¢) Trén tia HA lay cac diéem D, E sao cho D la trung diém ctia AH, A la trung diém ciia
HE. Chiing minh rang D 13 tryc tam cta tam giac BCE.




B GV Pham Dinh Quang — @ 0337.820.847

DE KIEM TRA HOC KY II (Quan 1)
Nim hoc 2018 - 2019 - Mén: Toén 8
Thoi gian lam bai: 90 phit

$>Bai 1. Giai cac phuong trinh sau

a) 2(4x —7) =3(x + 1) + 18. ¢) | —1|+7=3z.
3r+2 5H—2x 11 r+2 2xr-—1 13z -9
) 2 + 3 6 )x+3+a7—3 22 —9
\ e
—

&S Bai 2. Giai bat phuong trinh va biéu dién tap nghiém trén truc so.

3x—|—5_x—4<3a:+7
4 6 — 3

\ e —
| —

> Bai 3. Mot o to di tit A dén B trong mot thoi gian dur dinh. Néu xe chay véi van téc 40 km/h
thi dén B cham hon 30 phut so véi thoi gian du dinh. Néu xe chay v6i van téc 50 km/h thi dén
B sém hon 24 phut so v6i thoi gian dy dinh. Tinh chiéu dai quang duong AB.

e
[— N\

> Bai 4. Bong ctia mot toa nha trén mit dat c6 do dai 63 m. Cung thoi diém d6, mot cay cot
deén cao 3 m vuong goc véi mat dat c6 bong dai 2 m. Tinh chiéu cao AB clia toa nha.

oot (g

Cooossossossnaaasasssnsssasd > 63 m

¢S Bai 5. Cho tam giac nhon ABC ¢6 ba dudng cao AD, BE va C'F cat nhau tai H.
a) Ching minh AABE «~ AACF, tit d6 suy ra AB- AF = AC - AE.
b) Ching minh DB - DC = DA - DH.
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c¢) Goi I la trung diém ctia BC. Dudng thang vuong goc véi TH tai H cit AB va AC lan lugt
tai M va N. Chitng minh AAHN « ABIH va H la trung diém ctia MN.

_ 75 |
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PE KIEM TRA HOC KY II
Nim hoc 2019 - 2020 - Mén: Toén 8
Thoi gian lam bai: 90 phit

I \
a5 2r—3  Sxr+3
+1 -1 22-1°
\ ——
I

$>Bai 1. Giai phuong trinh
x

x—5<:v—2020
-3 2 ’

& Bai 2. Giai bat phuong trinh sau va biéu dién tap nghiém trén truc so:

4> Bai 3. Cho tam giac ABC vuong tai A c6 duong cao AH (diém H thuoc BC).
a) Ching minh rang tam gidc HBA dong dang vé6i tam giac ABC.
b) Chiing minh raing AB? = BH - BC.

c¢) Ké dudng phan giac BD ctia goc ABC (diem D thuoc AC). Chiing minh réng AD - AC =
CD - AH.

\
> Bai 4. Dé khuyén mai cho mot dong may tinh, mot cita hang ban may tinh da giam gia 5%
cho dgt 1. Sau 3 thang, cita hang lai tiép tuc gidm gia 6% so vdi gia sau khi da gidm & dot 1.
Sau 2 dot gidm gia thi chiéc may tinh chi con ban véi gia 8 930 000 dong. Hdéi gia clia chiéc may
tinh trude khi giam gia 1a bao nhiéu?

[— N\

&> Bai 5. Dé do chiéu cao ctia mot cai cay AB, ban Nam diit mot guong phéng tai vi tri C' va
di 1t lai cho dén khi vita nhin thdy ngon cay A qua guong (anh ngon cay la diém F ddi xing
véi A qua BC). Tinh chiéu cao ctia cay AB (ghi két qua 6 dang s6 thap phan véi hai chit s6 sau
dau phay), biét ring khodng cach tit guong dén goc cay 1a BC' = 12 mét, khoang cach tit guong
dén chd Nam ding nhin 13 CD = 2 mét va khoang cach tit mat Nam dén mat dat 1a DE = 1,67
mét. (Hoc sinh khong can vé lai hinh vao gidy néu khong vé them yéu t6 méi nao).

<> Bai 6.

a) Chiing minh ring (a + 1)? > 4a v6i moi s6 a.

b) Chitng minh ring néu a, b, c la cac s6 duong va abc =1 thi (a +1)(b+ 1)(c+1) > 8.
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