CHUM BAI TOAN VE TIEP TUYEN, CAT TUYEN
Nhitng tinh chit can nhé:

1). Néu hai duong thang chira cac day AB,CD,KCD ciia mot duong tron cat
nhau tai M thi MAMB=MCMD

2). P40 lai néu hai duong thang AB,CD cat nhau tai M va
MA.MB =MCMD thi bbn diém A,B,C,D thuoc mot dudng tron.

D

3). Néu MC latiép tuyén va MAB la cat tuyén thi
MC? = MAMB = MO? - R?
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4). T diém K nam ngoai duong tron ta ké cac tiép tuyén KA, KB cét tuyén
KCD,H , 1a trung diém CD thi nam diém K,A,H,O,B nam trén mot duong
tron.

5). Tir diém K nam ngoai duong tron ta ké cac tiép tuyén KA, KB cét tuyén

KeD thi 26 - BC
AD BD
A
D
K @)
Ta c6: KAC = ADK = AKACH AKAD « 2C - KC
AD KA
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BC KC AC BC

Tuong tu ta cling c6: —=—— ma KA=KB nénsuyra —=——
BD KB AD BD
_— ~ L A A \ .. .. AC BC
Chu y: Nhiing tir giac quen thuoc ACBD nhu trén thi ta luon c6: —=——
AD BD
5 CA_DA
CB DB

NHUNG BAI TOAN TIEU BIEU

Bai 1: Tur diém K nam ngoai dudng tron ta ké cac tiép tuyén KA,KB cét
tuyén KCD dén (O). Goi M 1a giao diém OK va AB. V& day DI qua M.
Chung minh

a) KIOD la tu gi4c noi tiép

b) KO la phan giac cua goc IKD

Giai:

a) Dé ching minh KIOD 14 tir giac noi tiép viéc chi ra cac goc 1a rat
khoé khan.

Ta phai dua vao céc tinh chit cua cét tuyén | tiép tuyén.

Ta c6: AIBD la ti gidc ni tiép vd ABAID =M nén ta c6: MA.MB = MLMD
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Mit khac KAOB I tir giac noi tiép nén MA.MB = MOMK
Tir d6 suy ra MOMK =MILMD hay KIOD la tir giac noi tiép.

a) Xét dudng tron ngoai tiép tr giac KIOD . Ta co
I0O=0D =R = OKI =0OKD

suy ra KO la phén giac cua géc IKD

Bai 2: Tir diém K nam ngoai dudng tron ta (O) ké cac tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi M 1a giao diém OK va AB. Ching minh

a) CMOD la ta giac noi tiép

b) Puong thing AB chira phan gi4c cua go¢c CMD

Giai: A

hl

a) Vi KB latiép tuyén nén ta c6: KB? =KCKD = KO? —R?

Mt khac tam giac KOB vudng tai B va BM_LKO nén KB? = KM.KO suy
ra

KCKD =KMKO hay CMOD |la tir gi4c noi tiép
b) CMOD la t& giac ndi tiép nén KMC =ODC,OMD =OCD.

Mat khac ta c6: ODC =OCD = KMC = OMD
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Truong hop 1:
Tia KD thuoc nira mat phang chira A va bo 1a KO (hl)

Hai géc AMC,AMD c6 2 goc phu véi né teong tng la KMC,ODC ma
KMC=0DC nén AMC=AMD hay MA la tia phan giac cua géoc CMD

Truong hop 2:

Tia KD thudc nira mit phang chira B va bo 1a KO (h2) thi twong ty ta cling
cd MB la tia phén giac ciia goc CMD

Suy ra Puong thang AB chira phan giac ciia géc CMD.

Bai 3. Tir diém K nam ngoai duong tron ta (O) ké céc tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi H la trung diém CD . V& day AF diqua H.
Chung minh BE//CD

Giai:

Dé chirng minh BF//CD ta chitng minh AHK = AFB

Taco AFB =%AOB ( Tinh chét géc noi tiép chan cung AB).
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Mat khac KO la phén giac géc AOB nén

AOK =BOK = %AOB = AFB=AOK. Vi A,K,B,O,H cung nim trén duong

tron duong kinh KO nén AHK = AOK = AFB = AHK < BF/ /CD

Bai 4. Tir diém K nam ngoai duong tron ta (O) ké céc tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi H 1a trung diém CD. Puong thang qua H
song song véi BD cat AB tai I . Chiing minh CI_LOB

Giai:

Taco HI//BD= CHI=CDB. Mit kh4c CAB=CDB clng chian cung CB
nén suy ra CHI = CAB hay AHIC la tu giac noi tiép. Do do6

IAH = ICH < BAH =ICH . M3t khéc ta cd A, K,B,O,H clng nam trén dudng
tron duong kinh KO nén BAH =BKH

Tur d6 suy ra ICH=BKH=CI//KB. Ma KB L OB=CI L OB

Nhan xét: Mau chdt bai todn nim & van dé OB L KB .Thay vi chitng minh
CI L OB ta chiing minh CI/ /KB

Bai 5: Cho duong tron (O) day cung ADI. Goi I 1a diém ddi xang véi A
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qua D. Ké tiép tuyén IB véi duong tron (O). Tiép tuyén cua duong tron

(O) tai A cit IB ¢ K. Goi C la giao diém thu hai ciia KD véi duong tron
(O). Chting minh rang BC//AI.

Giai:

Ta can chitng minh: AIK =KBC

Mat khac ta c6: KBC=CAB =%stB nén ta sé chitng minh AIK =CAB hay

< ABID ~ ABCA That vay theo tinh chit 5 ta c6: CB _ %
DA=-DI= D _DB
CA DI

Tu gidc ACBD nogi tiép nén BCA = BDI = ABID ~ ABCA = AIK = CAB

Hay AIK=KBC=BC//AI
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Bai 6 Tir diém K nam ngoai duong tron ta (O) ké cac tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi M 1a giao diém OK va AB. V&day CF qua
M. Chang minh DF//AB

Giai:

Ké OH L CD

Ta ching minh duoc: CMOD 14 tir gidc noi tiép (bai toan 2) nén M, =D,
ma M, +M, =90°;D; + DOH =90° =M, = DOH . Mit khéc ta co:
CFD = %COD, DOH = %COD — CFD=DOH.. Tir d6 suy ra

M, =CFD < DF//AB

Chuy: DF//AB= ABFD la hinh thang can c0 hai day la
AB, DF = OMD = OMF
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Bai 7: Tur diém K niam ngoai dudng tron ta (O) ké cac tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi M 1a giao diém OK va AB. Ké OH vudng
g6c v6i CD cit AB ¢ E. Chimng minh

a) CMOE la tir gi4c noi tiép

b) CE,DE la tiép tuyén caa dudng tron (O)

Giai:
a) Theo bai toan 2, tac6 CMOD

4 t&r giac noi tiép nén CMK = ODC =OCD .

Do d6 cac goc phu véi ching

bang nhau: CME = COE .

Suy ra CMOE la tir giac ndi tiép (theo cung chira gac).
¢) Ciing theo bai toan 2, CMOD ndi tiép.
M3t khac CMOE la tir giac noi tiép nén E,C,M,O,D thudéc mot duong tron.

Tir d6 dé chiang minh CE,DE 14 tiép tuyén caa duong tron (O)

Bai 8) Tur diém K niam ngoai dudng tron ta (O) ké cac tiép tuyén KA, KB
cat tuyén KCD dén (O). V& dudng kinh AI. Cac day IC,ID cit KO theo
thi tu & G,N . Chitng minh raing OG=0ON.

Giai:

K o=
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Ta V& trong hinh truong hop O va A nam khéc phia dbi véi CD. Cac
truong hop khac chirng minh tuong tu.

Dé chiing minh OG=0N, ta s& chiing minh AIOG = AAON..

Ta dd c6 Ol=0A,I0G=AON, can chitng minh CIA =IAN, mudn vay phai
c6 AN//CI. Tas& ching minh AND =CID. Chu y dén AI la dudng kinh,
tacod ADI=90°, do d6 také AM_LOKTac6 AMND la tir gi4c noi tiép, suy
ra AND=AMD (1)

Sir dung bai 2, ta c6 CMOD 14 tir giac noi tiép v AMD = %CMD _ %con
(2). Tir (1) va (2) suy ra AND=%COD . Talai c6 CID=%COD nén

AND = %CID .

HS tu giai tiép.

Bai 9 Tir diém K niam ngoai dudng tron ta (O) ké cac tiép tuyén KA, KB
cat tuyén KCD dén (O). Goi M la trung diém ciia AB. Chitng minh rang
ADC=MDB.

Giai:
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Ké OH L CD, cit AB 6 E.

Theo bai 7, EC latiép tuyén cua duong tron (O), nén theo bai toan quen
thuoc 3, ta cd ECMD la tir gi4c ndi tiép, suy ra EBD=ECD (2).

Tu (1) va (2) suy ra CBD=EMD..

Do d6 hai goc bu vai nhau ching bang nhau:
CAD = BMD = ACAD ~ ABMD (g.g) nén ADC =MDB
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